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ThS. PANG THI QUYNH HOA
(Dé duwgc dang trén Bio THTT théang 2/2017)

Cau 1. Trong cac do thi duéi day, dd thi nao 1a do thi
cia hamsé y=x*-2x*>-3?
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Cau 2. Két luan nao sau day vé tinh don diéu cua ham

A 2X+1
SO y=

A. Ham s6 ludn nghich bién trén R\ {1} .

la dang?

B. Ham s6 lu6n nghich bién trén (—oo;1) va (L+%)
C. Ham s6 ludn dong bién trén R\ {1} .

D. Ham s6 lu6n ddng bién trén (—oo;1) va (L;+o0)

Cau 3. Gia tri 1on nhat cia ham sé y = x* —3x+5 trén
doan [0;1] la

A.b5. B. 3. C. 1 D.7.
Cau 4. Cho ham sé y =x® —4x. Sé giao diém cua do
thi ham sé va truc Ox bang

A. 0. B. 2. C.3. D. 4.
Cau 5. Hamsb y =%x3 —2x% +3x+1 ddng bién trén

A. (2;+0). B. (L+x).
C. (-;1) va (3;+x). D. (L3).
Cau 6. S6 dudng tiém can ding va ngang cua do thi

ham s y = S+l la
x> —4
A. 2. B. 1. C. 4. D. 3.

PE THI THU THPT QUOC GIA NAM 2017
Mon: Toan
Thoi gian lam bai: 90 phat

Cau7.Cho (C):y=x®+3x*-3.Tiéptuyéncua (C)
song song véi duong thang 9x — y + 24 =0 c6 phuong
trinh la

A. y=9x+8. B.
y=9x-8;, y=9x+24.
C. y=9x-8. D. y=9x+24.

Cau 8. Tim m dé do thi hamsé y=x*—2mx* +2 ¢
ba diém cuc tri tao thanh mot tam giac cd dién tich

bang 1.
A m=33. B. m=+/3.
C. m=343. D. m=1.

Cau 9. Chohamsé y = f (x) c6 do thi 1a dwong cong
nhu hinh bén. Khang dinh nao sau day 1a khang dinh
dang?

N
T

A. Ham s6 dat cyc dai tai x=0 va dat cuc tiéu tai
X=2.

B. Ham s6 c6 gié tri cuc tiéu bang 2.

C. Ham s c6 gia tri 1on nhat bang 2 va gia tri nho
nhat bang 2.

D. Ham sb ¢4 ba cuc tri.
Cau 10. Mot nguoi can di tir khach san A bén b bién
dén hon dao C . Biét rang khoang céch tir dao C dén
bd bién 1a 10km , khoang céch tir khach san A dén
diém B trén bo gan dao C 1a 40km . Ngudi d6 ¢6 thé
di duong thay hoac di duong b roi di duong thay (nhu
hinh v& duéi day). Biét kinh phi di duong thay la
5USD/km, di duong bo 12 3USD /km . Hoi nguoi
d6 phai di duong bo mot khoang bao nhiéu dé kinh phi
nho nhét? (AB = 40km, BC =10km .).

C

10 km

B
A D
40 km
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A.%km. B.?km. C. 10km. D. 40km.
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Céau 11. Toa d¢ giao diém cta do thihamso y = 1
X+

va duong thang y =—-2x la

A. (-2-4).

(=)

Cau 12. Nghiém cta phuong trinh 2** =% la

A. x=4. B.x=-2. C. x=3. D.x=2.
Cau 13. Pao ham ctia ham s6 y =log, x 12

1 1

A y=——. B.y'==—.

y xIn3 y X
C. y'=|n73. D. y'=xIn3.

X—2
Cau 14. Nghiém ciia bat phuong trinh [%j < 2—17 la

A. x<5. B. x>5. C. x>-1. D. x<-1.

Cau 15. Tap xac dinh caaham sb y = +
log, (—x° +2x)
la

A. D=(0;2). B. D=[0;2].

C. D=[0;2]\{1}. D. D=(0;2)\{1}.
Cau 16. Trong cac ham sb dudi day, ham s6 nao ddng
bién trén R ?

oofl)

C. y=log,(x* +1). D. y=log, (2" +1).

Cau 17. Cho céc s thuc dwong a, b, c véi c=1.

B. y=log,(x-1).

Khang dinh nao sau day la sai?

A. log, % =log,a—log. b.

b 1
B.log,—==log.b-1log_.a.
g, 2 2 9c g

c Iogcgz Ina—Inb
b Inc

2
p. 1 log? (Ej =log,b-log, a.
2 a

log, x

Cau 18. Pao ham caa ham s y = E!
X+2
1
A y=——T"_—(x+2-xInx).
Y 2x(x+2)2In2( )
1
B.y'=———(x+2-InXx).
Y 2x(x+2)2In2( )
C. y‘=;(x+2—xlnx).

x(x+2)2 In2

_
2(x+2)°In2
Cau 19. bt log,, 27 =a . Hay biéu dién log,16 theo
a.

D.y'= (x+2-xInx).

4a—12. B. I09616:12_4a.
a+3

12 +4a 12 +4a
C. log.16 = ) D. log.16 = )
9e a+3 % 3

A. log,16=

Cau 20. Cho céc sé thuc duong a,b véi a=1 va
log, b>0. Khing dinh nao sau day 1a dung?

A O<a,b<1 ' 5. O<a,b<1'
O<a<l<b l<a,b

c O<b<1<a. D. O<a,b<l .
l<a,b O<a<l<b

Cau 21. Nguoi ta tha mot 14 béo vao mét hd nuoc. Gia
sirsau t gio, béo s& sinh soi kin ca mat ho. Biét rang
sau mdi gio, luong 14 béo tang gap 10 lan luong 14 béo
trude do va tde do tang khong doi. Hoi sau may gio thi
so la béo phu kin 3 céi ho?
t
A.l. B.g. C. t—logs. D.L.
3 3 log3

Cau 22. Dién tich S cua hinh phing gigi han boi do
thi ham s6 y = f (x) lién tuc trén [a;b], truc hoanh
va hai duong thang x=a, x=b duoc tinh theo cong

thirc nao sau day?

A. Szj)'f(x)dx.

B.S=[(f(x)) dx.

a

C.S =§|f (x)|dx. D. S =ﬂi(f(x))2 dx .

Cau 23. Nguyén ham caa ham sé f (x)= —— Ia
X+1
A. F(x):ln(x+l)+C. B.
F(x)=log}(x+1)+C. C. F(x)=——_+C.
(x+1)

D. F(x)=In|x+1+C.
CAu 24. Mbt ca nd dang chay trén hd Tay véi van téc
20 m/ s thi hét xang. Tur thoi diém d6, ca nd chuyén
dong cham dan déu véi van toc v(t)=-5t+20m/s,
trong d6 t la khoang thoi gian tinh bang gidy, ké tur
ldc hét xang. Hoi tir ldc hét xang dén Idc ding han, ca
nd di dugc bao nhiéu mét?

A.10m. B.20m. C.30m. D.40m.

1
Cau 25. Gia tri cua tich phan 1 =_[x\/x2 +1dx la
0



A %(2@—1). B.

C. —%(2&—1). D.
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Cau 26. Gia tri cua tich phan | =Ixsin xdx la
0

A —1. B.Z. C.1. D. -Z 41,
2 2

Cau 27. Thé tich vat thé tron xoay khi quay hinh
phang gidi han bai cac duong yzg, y=0, x=1,

x=4 quanh truc Ox la

21z

A. 6. B. —. C.12rx. D. 8.
16

Cau 28. Mot nguyén ham F(x) cua ham sé
f(x)= ZSin5X+\/;+g sao cho dd thi cua hai ham
s6 F(x), f(x) cat nhau tai mot diém thuoc Oy 1a

2 2 3

A. ——COSEX+ =X /X +=Xx-1.
5 3 J_ 5
2 2 3

B. ——COS5X+—=XyX +—=X.
5 3 \/_ 5
2 2 3

C. ——COS5X+—X/X +=Xx+1.
5 3 \/_ 5

2 2 3
D. ——COS5X+—=XA/X+=X+2.
5 3 J_ 5

Cau 29. Cho sé phtc z=3+2i. Tim phin thuc va
phan 40 cua s6 phuc z. ‘

A. Phan thuc bang 3, phan 4o bang 2.

B. Phan thuc bang —3, phan ao bang 2.

C. Phan thyc bang 3, phan 4o bang 2.

D. Phan thyc bang —3, phan 4o bang —2.
Cau 30. Cho sé phirc z =4—5i . S6 phirc lién hop cua
z c6 diém biéu dién la

A. (45). B.(4-5). C.(54). D.(-45).
Cau 31. Gia str z; va z, la cac nghiém phtc cua
phuong trinh z° +4z+13=0. Gia tri cua biéu thic
A:|zl|2 +|22|2 la

A. 18. B. 20. C. 26. D. 22.
Cau 32. Cho sb phicc z=1+i. Tinh mddun cua s6

ohtic w = Z+2i

Aw=2. B.w|=+2. C. |w|=1. D.|w=+3.
Cau 33. Cac nghiém cua phuong trinh z* —1=0 trén
tap s phic la

A. -2 va2.

C.iva-i.

B. -1val.
D. -1 %iva-i.

Cau 34. Cho s6 phiic z théa man |z—1|=|z-2+3il.

Tap hop cac diém biéu dién sb phuc z 1a

A. Buong tron tam 1(1;2), ban kinh R=1.

B. Puong thiang c6 phuong trinh x—5y—-6=0.

C. Puong thang c6 phuong trinh 2x—6y +12=0.

D. Pudng thang co phuong trinh x -3y —6=0.

Cau 35. H‘mh hop chit nhat c6 do gai ba canh xuat phét

tr mot dinh lan luot 14 2, 3, 4. Thé tich hinh hop do6 la:
A. 24, B. 8. C.12. D. 4.

Cau 36. Cho hinh chdp tam gidc S.ABC c6 day la tam

gidc déu canh a, canh bén SA vudng goc véi day va

SA=a+/3. Thétich VV cua khéi chép S.ABC la

3 3
Ay BV =2
8 4
3 3
c.ov=32% by Y3
2 2

Cau 37. Cho hinh lang try tam giac déu ABC.A'B'C"
c6 goc giita hai mat phang (A'BC) va (ABC) béng
60°, canh AB=a. Thé tich V khdi ling tru
ABC.A'B'C'la:

3
AV =3*/§a . B. V =+/3a%.
3 3
c oy 3 D.v =3
4 4

Céau 38. Cho hinh chép S.ABCD co6 day ABCD la
hinh vudng canh a, SA=a+/3 va vudng goc véi day.
Khoang cach tir A dén mit phing (SBC) béng:
2 av3 a a

a*z/_. g_ C.o. D. 3

Cau 39. Trong khéng gian, cho tam giac ABC vudng
tai A, AC=a, ABC =30°. Tinh do dai duong sinh |
caa hinh nén, nhan dugc khi quay tam giac ABC
guanh truc AB.

A. 1=2a. B.l=aJ3.C. |:a—f.D. | =av/2.

Cau 40. M6t thang hinh tru cé thé tich bang 127,
chiéu cao bang 3. Dién tich xung quanh cua thing d6
la:

A B.

A. 12r. B. 6. C. 4r. D. 24r.
Céau 41. Cho hinh chop tam giac S.ABC c¢6 day la tam
gidc vubng tai B, canh AB=3,BC =4, canh bén SA
vudng goc voi day va SA=12. Thé tich V cua khdi
cau ngoai tiép khdi chop S.ABC la:

AV :1697r. BV 21977r.
6 6
8 8



Cau 42. Ngudi ta can dd mot éng bi thoat nude hinh
tru voi chiéu cao 200 cm, d6 day cua thanh bi la
10 cm va duong kinh cua bi la 60 cm. Lugng bé tong
can phai d6 cua bi do 1a:

A. 0,17 m°, B. 0,187 m’.

C. 0,147 m®. D. 7 m®.
Cau 43. Mat cau .(S). c6 tam 1(1;2;-3) va ban kinh
R =2 c¢o6 phuong trinh:

A (x—1)2+(y—2)2 (z+3)2=4

y =

C. (x—l) +(y—2) +3)2
D. (x+1) (y+2) +(z-3)

Cau 44. Trong khong gian cho duong thing d c6

N

B. (x+3)" +(y-2)" +(z-2)" =4.

2

phuong trinh d :;zzlzz—_l. Mot vecto chi
-1 2 3
phuong cua d la:
u=(20;1). B. U=(-2;0;-1).
C. i=(-123). D. i=(123).

Cau 45. Trong khong gian véi hé toa do Oxyz, cho
mat phang (P):x—2y+3z-5=0 va mit phing
(Q):—2x+4y—6z-5=0. Khing dinh nao sau day la
dang?

A. (P)/1(Q). B. (P)=(Q).

C. (P)cit (Q). D. (P)L(Q).
Cau 46. Trong khong gian véi hé toa do Oxyz, cho
mat cau (S):x* +y?+2z> +2x+6y—4z-2=0. Xac
dinh tdm | vaban kinh R cua mat cau (S).

A 1(L3-2),R=23. B. I(-4-32),R=23

C.1(-1-32),R=4. D.1(13-2),R=

Cau 47. Trong kh(‘)ng gian voi hé toa do Oxyz , cho
duong thang d :=— 2 —1 %—2—11 va diém A(2;0;,-1)
. Mgt phang (P) di qua diém A va vudng goc Véi
duong thang d ¢ phuong trinh 1a

A. 2Xx+y-z2+5=0. B. 2x+y+z+5=0.

C. 2x+y—-z-5=0. D. 2x+y+z-5=0.
Cau 48. Trong khong gian véi hé toa d6 Oxyz, cho
duong thing A:=—= Xt2_y-2_2 mat phang

1 1 -1
(P):x+2y-3z+4=0. Buong thing d nam trong

mt phang (P) sao cho d cat va vudng goc véi A c6

phuong trinh 1a
A x+3:y—1:z—1' B. x+l:y—3:z+l.
1 -1 2 -1 2 1
C x—3=y+1=z+1' D x+3=y—1=z—1.
1 -1 2 -1 2 1

Cau 49. Trong khdng gian voi hé toa do Oxyz , cho
mat cau (S):(x—l)2 +(y+2)2 +(z—1)2 =4 va mat
phang (P):x—2y-2z+3=0. Khang dinh nao sau
day la ding?

A. (P) cit (S).

B. (P) tiép xtc véi (S).

C. (P) khong cit (S).

D. Tam ctia mét cau (S) nam trén mét phing (P)

Cau 50. Trong khéng gian véi hé toa d6 Oxyz, cho

hai diém A(L2;,-1), B(0;4;0) va mat phang (P) c6

phuong trinh 2x—y—-2z+2015=0. Goi « la goc

nhé nhat ma mat phing (Q) di qua hai diém A, B tao

véi mat phang (P) . Gia tri cia cosa la
1 2

A —. B.l. C. —.
9 6 3

i~



DAP AN
1C 2B 3A 4C 5C 6D 7C 8D 9A 10B
11D | 12B | 13A | 14B | 15D | 16D | 17D | 18A | 19B | 20B
21C | 22C | 23D | 24D | 25A | 26C | 27B | 28C | 29C | 30A
31C | 32B | 33D | 34D | 35A | 36B | 37A | 38B | 39A | 40A
41B | 42A | 43A | 44C | 45A | 46C | 47C | 48D | 49B | 50D

Cau 1: Pap an C

Dang bai toan nhan dang do thi da duoc t6i dé cap kha ki trong cudn bd dé tinh
tiy mon toan nam 2017, tuy nhién & day t6i xin nhéc lai bang cac dang do thi
va cach suy luan phia duoi.

Nhén thdy ham s6 dé bai cho 1a ham s0 bac 4 trung phuong cé hé s a=1>0,
va ba=-2<0, do d6 d6 thi ham s c6 dang W, tir day ta chon ludn C.

Dudi day la bang dang d6 thi ham s bac 4 trung phuwong dé ta suy luan nhanh.
Dang ctia d6 thi ham s8 y =ax* + bx” +c(a=0)

Phuong trinh
y'=0 coba
nghiém phan biét

Phuong trinh

y'=0 co mot

nghiém

Cau 2: Dap an B
Ta c6 ad —bc=2.(-1)-1.1=-3<0, do d6 ham s8 da cho nghich bién trén timg
khoang xac dinh. Ttr d6 ta chon B.
Cau 3: Dap an A.
=0
Ta c6 (x3 - 3x* + 5)' =3x" -6bx=0< {x . Do vay & day ta chi can so sanh hai

gia tri cia ham so tai dau mut cuia doan.
Nhan thay f(O) =5> f(l) =3 do vay chon A.
Cau 4: Pap an C
i . ; x=0
Xét phuwong trinh x° —4x=0< .
x=12
Cau 5: Dap an C.

Cach 1: Xét phwong trinh y'=0<x* —4x+3=0< *
X =



Mit khac day 1a ham s6 bacba cO hé s6 a= % >0 va c6 hai nghiém phan biét,
do vay d6 thi ham s6 c6 dang N, nén ham s6 sé dong bién trén (—oo; 1) va
(3; +oo)

Duéi ddy la bang dang do thi ham sé bdc ba, tir d6 ta cé thé suy lugn nhanh

nhu trén.
1. Ham s6 y=ax’ +bx* +cx+d(a+0) .

Dang ctia d6 thi ham s6 bacba y=ax’ +bx”* +cx + d(a # O)

Phuong trinh y'=0 c6 hai
nghiém phan biét

Phuong trinh y'=0 c6 nghiém
kép

Phuong trinh y'=0 v nghiém

Cau 6: Dap an D.
Tiém cin ding cua d6 thi ham phan thirc

Mot trong nhitng treong hop pho bién thwong thdy trong cac bai toan tim tiém
STUDY TIP: ta cha y p (X)
1 thuy&t ve tiém can can dé 1a duong tiém can ding ctia ham phan thirc (ham ¢ dang f (x) =—=,
dting tiém can ngang q (x )
d06 thi ham phéan thic

e PR trong do p(x) va q(x) la cadc ham da thtec.

cudn chat loc tinh tay ,
toan 2017 & bén. Néu ¢ la mot s6 thire ma thoa man q(c) =0 va p(c) #0, khi d6 &6 thi ham sd

y=f(x) c6 tiém can dimg x=c.




STUDY TIP: Véi bai
toan dang nay ta chu
y nhé gon cong thitc

1
SZE'2|XB|'|YA —yB|

Tiém cin ngang cua d6 thi ham phan thic

bat f(x) = PEX; la m¢t ham phan thitc, trong d6 p(x) va q(x) la cac ham da
q(x

thixe.

1. Néu bac ctia da thitc tir sO p(x) nho hon bac cua da thtec mau s6 q(x) , thi

y =0 1a mot tiém can ngang ctia d6 thi ham s6 y = f(x) .

2. Néu bac cua da thirc tix s6 p(x) béng bac ctia da thitc miu s q(x) ,thi y=

RS R

la duong tiém can ngang cua d6 thi ham sd y = f (x), trong do6 4, b Ian luot 1a hé

s8 ctia hang tit c6 bac cao nhat cua da thic tir 6 p(x)va da thite mau s q(x).

3. Néu bac cua da thic tir s6 p(x) 16n hon bac ctia da thite mau s§ q(x) thi o
thi ham s6 y = f (x) khong co tiém cén ngang.
Loi gigi

Tt ly thuyét trén ta c6
* x=2;x=-2 langhiém ctia phuong trinh x*> —4=0 va x=-2;x=2 khong
lam cho da thitc tir s6 bﬁng 0, do vay x=-2;x=2 lahai tiém can ding cua do
thi ham s6 da cho.
* Ham s6 da cho cd bac ctia da thite t& s6 nho hon bac cua da thiéie mAau sd nén
d6 thi ham s6 da cho nhan y =0 la tiém can ngang.
Ttr day ta chon D.
Cau 7: Pap an C.
Tiép tuyén cua (C) tai diém (xo;yo) c6 dang tong quat y = f'(xO )(x -, ) +Y,,
do vay tiép tuyén song song véi duong thang 9x — y + 24 =0 théa man

3,2 +6x, =9 |0

x, =1
Véi x, =-3 ta c6 phuong trinh y=9x+24 (loai do trung v6i phuwong trinh dé
bai cho).
Vi x, =1 ta c6d phuong trinh y=9x—8.
Phin tich: Nhiéu doc gia khong cht y viéc phuong trinh hai duong thang nay
tring nhau, do vay chon B 1a sai. D@ bai viét phuong trinh dwong thang dang
9x—y+24=0 ma khoéng phai y=9x +24 dé€ danh Itra thi sinh, chon nham
dap an.
Cau 8: Dap an D
Phan tich:
V6i m>0 thi d6 thi ham s6 da cho cé ba diém cuc tri trong do A(O; 2) la toa

dd diém cuc dai, hai diém cuc tiéu 1a B(Jim;2-m* ) va C(—m;2-m?).
Khi d6 dién tich tam gidc ABC duoc tinh bang cong thikc

S pnc =%.BC.d(A; BC):lNﬂz ~(2-n?)

2
Do A la diém cuc dai nén 2>2—m?*, do d6 & cOng thiic tén ta cd thé bo dau gid

A

tri tuyét déi va thu duoc



S e =\ma? =lem=1.
Cau 9: Dap an A.
Loi giai
Phuwong an B sai vi ham s8 dat cuc tiéu tai x=2 va c6 gid trj cuc tiéu bang -2,
khong phai bang 2.
Phwong an C sai vi ham s6 c6 gia tri cuc dai bﬁng 2, va dat cuee tiéu bmeg 2.
Ta thay trén d6 thi ham s6 chi c6 hai di€ém cuec tri, nén D sai.
Cau 10: Dap an B.
Loi giai
c Gia st nguoi d6 di dén diém D thi bat dau di dwong thuy va khoang cach tir
diém D dén diém B la x km (0<x<40) ( nhu hinh vé).
Khi d6, quang duong nguoi dé di duwong bo 1a 40 — x (km).
A0k 10k Quang duong nguoi d6 di dudng thay 1a CD =+/10% + x° (km).

A D, B Vaykinh phinguoi dé phai borala f(x)=(40-x).3++10% +x°.5
Hinh 1
Hay f(x)=5v100+x* —3x+120.

Xétham s§ f(x)= 5¢x? +100 — 3x +120 trén [O; 40] .
_ 52x 3= Sx _3
24/x* +100 Jx* +100
f'(x)=0=x=7,5.
Nhan xét v6i x=7,5 thiham s f (x) dat GTNN, tuy nhién ¢ day néu chon

ludn 7,5 1a sai boi dé bai hoi AD ch khong phai x, do d6 AD=40-7,5= % .

Ta co f'(x)

, Toi ciing dé cap mot bai toan c6 ¥ twong twong tw trong sach cat loc tinh tay
nhu sau:

Vi du 16: Mot nguoi phai di dén mot cai cay qui trong rieng cang nhanh cang
tot. Con duong mon chinh ma nguwoi ta hay di duwge miéu ta nhu sau:

600 m Tt vi tri ngureoi d6 di thang 300 m gdp mot cai ao nén khong di tiép duoc nita,
sau khi ré trai di thang 600 m duong riing sé dén céi cay qui dé.

(=
/( Biét réng néu di duong mon thi anh ta c6 thé chay véi téc d¢ 160m / phiit, con
—

300 m khi di qua rting anh ta chi c6 thé di véi toc d¢ 70m / phiit.

Do 1a con duong di truyén thong ma nguoi ta hay di, vay con duong di ma mat
it thoi gian nhat dwgc miéu ta
A. di thang tir vi tri nguoi d6 ding dén cai cay.
B. di theo duwong mon 292 m r6i ré trai di dén cai cay.
, C. di the70 cach truyén théng o trén.
A. di thang 8 m r0i ré trai di dén cai cay.

bap an D.
Ki hiéu nhw hinh 1.22 ta c6
Tong thoi gian nguoi d6 di dén cai cay duoc tinh theo cong thirc:

_ 2 2
Joo— [/« f(x)= 300 —x  NOWO +X i 0<x<300
160 70
—

300 m
Hinh 2

600 m




STUDY TIP: O day ta
stt dung cong thirc
tinh thoi gian trong
chuyén dong thang

- S
déu t=—.
v

STUDY TIP: cht1y co
sG a nam trong
khoang nao dé xét
dau cua bat phuong
trinh .

bén day cong viéc cta ta la di tim gia tri nho nhat cia ham s6 f (x) trén
1 1 2x

— .
160 70 2600 +

[O; 300]. Ta Ian lwot lam theo cac budce: f' (x)

£'(x)=016x=7J600* +x* < 256x> =49.(600” +x) <2072 =49.600°

2= 49.600° P 7.600
207 J207
bén day nhiéu doc gia c6 thé voi chon B. Tuy nhién nhin ki thi thdy D méi
dtng, vi theo miéu ta thi nguoi d6 sé di 300 — x mét sau d6 thi di thang dén cai
cay.
Cau 11: Pap an D.
Xét phuong trinh hoanh d¢ giao diém ctia hai d6 thi ham s, ta c6
x=-2=y=4

x—2 x#=-1 x#=-1
=-2x & = A = 1 .
x+1 x—-2=-2x(x+1) " |2x* +3x-2=0 x==y=-1

Cau 12: Dap an B.
Diéu kién: xeR.

Xét phuong trinh 2" = % o2 =27 ox-1="83cx=-2.
Cau 13: Dap an A.
' 1
Ta co (log, x) =
( 8 ) x.In3
Cau 14: Dap an B.

A - - N e e \ N A~ ’ VAN ~ 2. 1
Phdn tich: O bai todn nay, ta can hét sttc cht y vé co so, boi 0 < 3 <1.

Loi gigi

Diéu kién: xeR.

x-2 x-2 3
Vi 0<1<1 nén (1J <ic>(1j <(l) Sx-2>3<x>5.

3 3 27 3 3

Cau 15: PDap an D.
Phan tich:
Vi bai toan nay ta can xét hai diéu kién:
1. biéu kién d€ mau khéc 0.

2. biéu kién dé€ ton tai logarit.

Loi gidi
log. (—x* +2x)#0 —x2 0 2
D& ham s8 da cho xac dinh thi A ) o2l | J0<x<z
2 +2x>0 O<x<2 x#1

Vay tap xac dinh cia ham s61a D= (O; 2) \ {1} )

Cau 16: Dap an D.

Phin tich: Trong sach Chét loc tinh tiy mon toan ndm 2017, tdi c6 dé cap cac
van dé sau:

a. Bang tom tat cac tinh chat ctia ham s6 mii y=a* (a>0;a=1).



Tap xéc dinh | (—o0;+o0)

Pao ham y'=a".lna

Chiéu bién thién | a4 >1thi ham s6 luén dong bién;
0<a<1 thi ham s6 luén nghich bién.

Tiém can Truc Ox la tiém can ngang.

Do thi bi qua cac diém (O; 1) va (1;11) ,nam phia trén truc hoanh
(yzax >0,Vxe R)

b. Bang tom tat cac tinh chat ctia ham s logarit.

Tap xac dinh | (0;+o0)
Dao ham \ 1

y =

x.Ina

Chiéu bién a>1:ham s6 luén dong bién.
thién 0 <a<1: ham s6 luén nghich bién.
Tiém can Truc Oy la tiém can ding.
Do thi di qua cac diém (1;0) va (4;1); nam phia bén phai truc tung.

Tl bang tom tat trén ta dua ra két luan.
7. 7 A \ \ ~ ~ 4 ' 1 A \ ~ A
Véi phuong an A: Day la ham sO mii c6 cos6 O<a= 5 <1, do vay ham s6 luon

nghich bién (loai).
Voi phuong dn B, C, D thi ta chi can xét vé tinh chat ctia ham s6 logarit.

Vi phuong an B: Diéu kién x >1, dén day ta khong xét nira, boi ham s6 néu
dong bién thi chi dong bién trén (1; +oo) ma khong phai R.

2x

——————,daucta y' d6i tit am
(x2 +1).1n2

Véi phuwong dn C: ta c6 (log2 (x2 + 1))’ =

sang duong qua x=0, do vay, ham s6 nay khong thé luon don diéu trén R.

' 2%.In2 2"

VéyDth()améndoy'=(log2(2x+1))=(2 1)1 2=2x 1>0,Vxe?:‘RDo
*+1).In +

vay, ham s6 ¢ D ludn thoa man yéu cau dé bai.

Cau 17: Pap an D.

Vi phuong dan A: ta thdy A dung vi a,b duwong nén ta c6 thé ap dung tinh chat
logarit nay.

Véi phwong dn B:

log , a% = %[logc a%j = %.(bgc b—log, a’ ) = % log_b—log, a.Vay B dung

n?
nb _Ina-Inb

Véi phwong dn C: ta c6 log, % = , vay C dung

“Inc Inc
2

1 bY 1. ,b b

Vi phwong dn D: ta c6 =.log?| — | =2.=.log> —=|log. — | =log.b-log_ a .
2 a 2 a a

Vay D sai, chon D.

Cau 18: Dap an A.



STUDY TIP: Ham van
tdc la dao ham cuia
ham quang dwong,
ham gia toc la dao

ham ctia ham van toc.

' , 1
. (log4xJ’ (log, x) .(x+2)—(x+2) .log, x m.(x+2)—log4x
Taco y'= = - _X. :
x+2 (x+2) (x+2)
x+2 Inx
_2x.In2 2.In2 (x+2 xlnx) 1
(x+2) 2x.(x+2) .In2

Cau 19: Dap an B.

3.log, 3 3 3
log, 12 log3 3+log, 4 T1+ log, 4

Ta c6 log,, 27 =log,, 3’ =3log,, 3=

Mélog1227=a,dodéLzacﬂogylzé—l
+log, 4 a
log, 16 2log, 4 2'(3_1j 6-2
o o -
log"’162183621 3gi 2" 1a B .
085 08; 2 +108; 1+-.log, 4 4. 1+1. §—1
2 2 \a
_ 6-2a 12-4a
3 1 a+3 "’
a+—-—a
2 2

Cau 20: Dap an B.
Ta c6 log, b>0 < log, b>log, 1 (*)

V6i 0<a<1 thi bat phuwong trinh (*) <b<l1.

Véi a>1 thi bt phuong trinh (*)<b>1.

Cau 21: Pap an C.

Sau mdi gio s6 luong beo ting gap 10 lan luong béo trude d6 va do tang khong

d6i nén sau t gio thi lwong beo la 10°.

Goi x la thoi gian 14 beo phu kin % cai ho, khi d6 ta ¢6 phuong trinh
1o 10° t
10 =§.10 < x=log ry < x=1logl10" —log3=t—-log3.

Cau 22: Pap an C
Cau 23: Dap an D

Ta cod j—dx 1n|x+1|+C

Cau 24: Dap an D.
Phdn tich: Trong chuyén dé vé tich phan (qua ting valentine) , t6i c6 dang viét
vé chuyén dé nay, do vay toi sé khong nhac lai Ii thuyét ma cé ludn 16i gidi nhuw
sau:

Loi gidi
Gia st lac hét xang thi +=0.
Lic ding xe han thi van tSc cia cano 1a v(t) =0t=4s.
Ta c6 ham quang duong la nguyén ham ctia ham vén tdc, do vay quang duong
cano di duoc cho dén khi dirng han dwoc tinh biang cong thitc

I 5
[ (-5t +20)dt = (—Etz + 20t]

0

4
=40m.
0




Cau 25: Dap an A.
Ta thdy tich phan nay chita biéu thitc can, ta c6 thé nghi ngay dén doi bién
x> +1=u,boi u'=2x.
Loi giai
Dit x* +1=u=du=2xdx.
Doican: x=0=u=1; x=1=u=2

1 2 2 1 3
Khi @6 Izjx\/xz+1dx=1..f\/;.du=1..[u§du= 1 1 u? 2
0 2 1 2 1 2 1+7
2
1 =21
—E.Ju_l_g.(%/i—l)

Cau 26: Dap an C.
Ta thay bai toan nay la dang tich phan ting phan, do d6 ta 6 loi giai

Loi giai
bat u=x= du=dx
vdv=sinxdx = v=-cosx
L : n
Khi d6 I =—x.cosx|?2 —I(—Cosx)dx=0+ Jcosxdx=sinx 2=1-0=1.
0 ° 0 0
Cau 27: Dap an B.
Ta c6 phuong trinh hoanh d¢ giao diém 2 =0 < x =0 nam ngoai (1; 4) nén ta
co:
Thé tich vat thé tron xoay duwoc tinh bang cong thirc
4 2
4
V=nfl <] dx= 11 == (& —1)=& (dvtt).
1\ 4 316 1 48 16

Cau 28: Dap an C.

Ta co I(Z.sin5x+\/;+%jdx=%.(—c055x)+§.\/;3 +§x+C

2 2 3
=——cosbhx+—xvx+—-x+C.
5 3 \/_ 5

Dé hai ham s8 cit nhau tai mdt diém thudc Oy, ticla
3 2
0)=F(0)e=-=—<-1+C<=C=1.
F(0)-F(0) 3 -2

Vay F(x)=—%c085x+§x«/;+§x+l.

Cau 29: Dap an C.
Tacd z=3+2i=2z=3-2i, vay z c6 phan thuc la 3; phan ao la -2.
Cau 30: Dap an A.
S6 phtic lién hop cta z 1a 2=4+5i. Vay diém biéu didn cta z co toa d6 (4; 5) )
Cau 31: Pap an C.
z=-2+3i

Ta c6 phuong trinh z° +4z+13=0< B
z=-2-3i

Khi d6 [=,[ +]z, =(-2) +3° + (-2)" +(-3) =26 .



Cau 32: Dap an B.
Tacd z=1+i=z=1—1.

—i+2i P (1+1)d 24
Khi d6 w 1 i+2i 1+z:( ) _1 +Z:1—i

1+i-1 i -1
Sfal= i+ (1 = 2.
Cau 33: Dap an D.
z=1
Lo 4 (.2 2 _ z=-1
Tacod z —1—(2 1)(2 +1)—0<:> gei
z=—1

Cau 34: Dap an D.
Dat z=x+yi (x,yeR).
Khi d6 phuong trinh |z —1|=|z -2+ 3i| tré thanh

=1+ yi| =[x -2+ (y +3)i] <:>\/(x—1)2 +y =\/(x—2)2 +(y+3)

<:>(x—l)2 +y° =(x—2)2 +(y+3)2
< 2x+1=-4x+4+6y+9
<2x-6y—-12=0
<x-3y—-6=0.
Vay tap hop cac diém bidu dién s6 phtic z da cho 1a duong thang x — 3y —6=0.
Cau 35: Dap an A.
Do dai ba canh xuét phat tir mét dinh chinh la kich thude caa hinh hop, do vay
thé tich ctia hinh hop duwoc tinh bang cong thirc
V =abc=2.3.4=24 (dvtt).
Cau 36: Dap an B.
Thé tich ctia kh&i chép dugce tinh bang céng thirc

3
1% 1SAS «/_1“J_. 4

SABC 3 4 -

Cau 37: Dap an A.

Ta c6 hinh vé bén

Goi D la trung diém ctia BC . Vi ABC la tam giac déu nén AD 1a trung tuyén va
cling la duong cao ctia tam gidc ABC = AD 1 BC (1) .

Tam giac A’BC can tai A’ nén A'D 1a trung tuyén cling 1a duong cao cua tam
gidc A’/BC= A'D L BC (2).

Tix (1) va (2) suy ra ((A'BC),(ABC)| = A'DA=60°.
Tam giac A’DA vuong tai A c6 A'DA=60°= A’A=AD.tan60° = § 3=

_la J_ 3a 3J_a
2’

A'A =
2

Vay V=Bh=S (dvtt).

ABC*
Cau 38: Dap an B.
Ké AH 1 SB tai H.
Tac6 SALBC,BC LAB = BC 1 (SAB) =(SBC) L(SAB).



(SBC) L(SAB)
(SBC)(SAB)=SB= AH L (SBC)
AH 1SB

=d(A,(SBC))= AH .

11 1
AH? SA*  AB

Tam giac SAB vuodng tai A c6 duong cao AH =

1 1 1 :»AH:#.

AH? 3a2 a’
Cau 39: Dap an A.
Ta co sinABCzE(:)i:l:Bszz.
BC BC 2

Cau 40: Dap an A.

Thé tich ctia hinh tru dwoc tinh bang cong thirc

V=Bh=nR*h=n.R*3=12n=R=2.

Vay dién tich xung quanh ctia hinh trula S =2nRh=12n (dvdt).

Cau 41: Dap an B.

Trong cudn bd dé tinh tiy mon toan 2017 t6i da nhac ki vé viéc xac dinh tam

cua khdi cau ngoai ti€p hinh chép. Do vay o day ta ¢ 1oi giai sau

Loi giai

Goi H la trung diém cua AC, khi d6 H 1a tam ctia duong tron ngoai tiép tam

gidc ABC (do tam gidc ABC vuong tai B).

Tt H ké Hx vuong goc voi (ABC ) . Goi giao gitra trung trirc cia SA va Hx la I

Khi d6 I la tam ctia khéi cau ngoai ti€p hinh chdp S.ABC. Vay IA la ban kinh
SA AC 3% +4°

ctakhdicau.Tacé [H=—=6; AH=—=—"—"—==_Khi d6
2 2 2 2

2
IA=NIH? + AH? = 62+i—2=§.Véy V=§.nR3=§.n 2197 _ 2197n

"8 6

Cau 42: Dap an A.

Ta c6 hinh vé minh hoa ctia 6ng bi thoat nudc 6 bén

Ta nhén thay luong bé tong phai d6 vao dé€'1am bi 1a hiéu thé tich ctia khéi tru
16n bao ngoai bi, va thé tich cua khdi tru 16i. Tt day ta co
V=V, -V, =nh(0,7*-0,6")=n2(0,3"-0,2*)=0,1r (m’).
Cau 43: Dap an A.

Mit cau (S):(x—l)2 +(y—2)2 +(z+3)2 =4.

Cau 44: Dap an C.

Vecto chi phwong ctia d la U= (—1; 2; 3) .

Cau 45: Dap an A.

Mit phang (P) cd vtpt nj = (1; -2; 3)

Mat phang (Q) 6 vtpt 1, =(-2;4;-6)=-2(1,-2;3).

Ta thay n—1 I a va diém A(O; 0; gj nam trong mat phang (P) ma khong nam

trong mat phang (Q), do vay hai mit phang nay song song.



STUDY TIP: Bén la
cach lam truyén
thong, toi chwa tim ra
cach lam nhanh hon
cta dang toan nay,
mong quy doc gia
gop y thém.

Cau 46: Dap an C.
Mit cau (S) c6 tam I(~1;-3;2), bankinh R=v2+1+9+4=4.
Cau 47: Dap an C.
Mit phang (P) vudng goc véi duong thang d, do d6 mét phing (P) vudng géc
voi vtep U= (2; 1 —1) ctia duong thang d. Vay
(P):2.(x=2)+y—(z+1)=0=2x+y-z-5=0.
Cau 48: Dap an D.
x=-2+t
Tacd A:qy=2+t . Goi Hla giao ctiad va A . Nhan thay H thuoc mit phing
z=-—t
(P), dovay(-2+t)+2.(2+t)-3.(—t)+4=0<t=-1=H(-3;1;1).
Duong thang d qua H(—3; 1; 1) va cd vtcp U= (a; b;c).
Ma hai dwong thang d va A vudng géc véi nhau nén chon D.
Cau 49: Dap an B.
Ta cé I(l; -2; 1) la tAm mat cau.
1-2.(-2)-21+3
JE e (2) +(-2)
Cau 50: Pap an D.
Taco 0<a<90°.

d([;(P)) =2=R= chon B.

Gia st ;z=(a, b,c) la vtpt ctia mat phang (Q)

Khi d6 mat phang
(Q):a(x—1)+b(y—2)+c(z+1)=Oc>ax+by+cz—a—2b+c=0

Ma (Q) chtta B(0;4;0) =4b—a—2b+c=0<—a+2b+c=0<2b=a—c

|2a -b —Zc| |4b —b| |a —c|
= = =T

3a? + % + ¢ (a_c)z \/5(512 +c2)—2ac
2 2
3\/51 +74

Ta cd coso =

+C

»  a°=2ac+c’
5a* — 2ac + 5¢*

Chia ca t¢ va mau cho ¢* ta ¢
2

T 2%
2 C c
= a? a
5.—2—2.—+5
C C
a 2 —2t+1
Dit ==t thi T?=——=— "~ = 7(¢
T oc 5t —2t+5 f()
, 2 =2t+1 t=
Xéthamso flt)]=———— O f'(t)=0< }
f(0) 5t —2t+5 () t=-1

Dé€ géc gitra hai mit phang dat GTNN thi coso dat GTLN, ttc la t=-1

3
=coso=——
3



DE THI THU THPT QUOC GIA NAM 2017
Mon: Toan
Thoi gian lam bai: 90 phat

DPE SO 2
TOAN HQC TUOI TRE LAN 3

x—2

Cau 1: Cho ham s6 y=——. Hay chon cau dung: A
2x-1 Y
A. Ham s6 ¢6 hai chiéu bién thién.
, . 1/2\ 1 x
B. Ham s6 dong bién trén R. O >
2| | S~
C. Ham s6 dong biéh trén cac khodng [—oo;%j va G ; +ooj ~
D. P06 thi ham s6 ¢6 hinh dang
x=2-t
Cau 2: Trong khong gian véi hé truc toa d6 Oxyz,cho duong thang d:{y=3t ,teR. Vecto nao dudi
z=2+5t
day la vecto chi phuwong ctia d?
A. i=(2,0;2). B. i=(1;-3;5). C. i=(-1;-3;5). D. i=(-1,3;5).
Cau 3: Néu y=e"""" thi y'(an)bz‘ing:
A. 2017 B. ¢*¥ C. 27 D.2017+e

Cau 4: Trong khong gian voi hé truc toa do Oxyz, cho vecto MN = (O; 1; —1) va M(l; 0;2) thi toa do diém
N la:

A. N(1,1;1) B. N(-1;1;,-3) C. N(-L-1,-1) D. N(1,-1;3)
Cau 5: Gia st ham sO f lién tuc trén khoang K va 4,b,c¢ 1a ba sd bat ky thudc K. Khéng dinh nao sau day

la sai?

A. f(x)dxzo B.

C. f(x)dx,ce(a;b) D.

[ — s 8 s

f(x)dx+if(x)dx ==

2 —

Cau 6: Trong cac ham sau, hay chi ra ham s6 giam trén R ?

N y:(gjx B. y:(%y C.y=(x)" D. y=(ﬁ]x

Cau 7: Nghiém ctia bt phuong trinh log, (4x - 3) >2 la:

A. x>3 B.x>2 C.x>3 D.§<xs3

4
Cau 8: Trong khong gian véi hé truc toa do Oxyz, cho hai diém A(l; —2;3) va B(5; 4;7). Phuong trinh mat
cau nhan AB lam duong kinh la:
A (x-1) +(y+2) +(2-3) =17 B. (x-3) +(y-1) +(z-5) =17

C. (x=5) +(y-4) +(z-7) =17 D. (x-6) +(y-2)" +(z-10) =17



Cau 9: Khang dinh nao sau day la sai?

A. 2017* > 1 =x>-1.
2017

B. Ham s6 y =log, 2x xac dinh khi x>0
N (1Y g
C.Do6 thihams6 y=2"va y= (Ej doi xirng nhau qua truc tung.
D. Néu ln(x —1)(x —2) = ln(x —1) +1n(x —2) thi x phai nghiém dting bat phuong trinh (x - 1)(x - 2) >0
Cau 10: Cho s8 phtic z, =1+2i,z, =3+i. Modun ctia s6 phtic z, + 2z, bang:

A. 65 B. \/65 C.21 D. 21
Cau 11: S8 phtic lién hop véi s6 phire z=(1+ i)2 -3(1+ 21')2 la:

A. -9-10: B. 9+10: C. 9-10i D. -9+10i
x=1+2t
Cau 12: Trong khong gian véi hé truc toa dd0 Oxyz, cho duong thang d:{y=t va mt phang
z=-2-3t

(P):2x+y+z—-2=0. Giao diém M cua dva (P) co toa do la:

A. M(3;1;-5) B. M(2;1;,-7) C. M(43;5) D. M(1,0;0)
Cau 13: Choham s6 y = (x - 1)(x + 2)2 . Trung diém cua doan thzfmg ndi hai diém cuec tri ctia d6 thi ham s6
nam trén dwong thang nao dudi day?

A.2x—y—-4=0 B. 2x-y+4=0 C. 2x+y+4=0 D. 2x+y—-4=0
Cau 14: Ba A gtii 100 triéu vao ngan hang theo thé thiec 1ai kép (dén ky han ma nguoi giri khong rat 1ai ra
thi tién 1ai duoc tinh vao von cta ky ké ti€p) voi 1ai suat 7% mot nam. Hoi sau 2 ndm ba A thu duoc lai la
bao nhiéu (gia st 1ai suat khong thay d6i)?

A. 15 (triéu dong) B. 14,49 (triéu dong) C. 20 (triéu dong) D. 14,50 (triéu dong)
Céau 15: Cho hinh chép S.ABCD, day la hinh chit nhat ABCDc6 BC=2AB,SA L (ABCD)va Mla diém

. J \ .V

trén canh AD sao cho AM = AB. Goi V,,V, Ian luot la thé tich cua hai khéi chép S.ABM va S.ABC thi —

2

bang:

Al B. 1 c: D. 1

8 6 4 2
Cau 16: Gid tri nao ctia a d¢ [(3x* +2)dx=a’ +2?
0

A.0 B.1 C.2 D.3
Cau 17: Nguyén ham ctia ham s6 f(x)=¢" (1 - 2017e'2x) la:

A. [ f(x)dx=e*+2017¢™ +C B. [ f(x)dx=e*=2017¢™ +C

C. J.f(x)dxze"+%176‘x+c D. J.f(x)dx:e"—&zwe”‘ +C



Cau 18: Trong khong gian v6i hé truc toa do Oxyz, goi (oc) la mat phéng cit ba truc toa do tai ba diém

A(4;0;0),B(0;-2;0),C(0;0;6). Phuong trinh ctia (o) 1a:

A Y 2o B. 2+ ¥ 12 C. 3x—6y+2z-12=0 D.3x—6y+2z-1=0
4 -2 6 2 -1 3
Cau 19: Dién tich ba mit ctia hinh hop chit nhat bang 20cm?,28cm?,35¢m”. Thé tich ctia hinh hop d6 bang:
A. 160cn’® B. 190 cn® C. 140 cm?® D. 165 cm®

x> +20

Cau 20: Gia tri 16n nhat cia ham s6 f (x) = + 2\/; trén doan [1; 4} la:

A.9 B. 32 C.33 D. 42

Cau 21: Cho hai s phtic z, =a+bi va z, =a—Dbi(a,b e R;z, #0). Hay chon cau sai?

A. z +z,1as0 thuc B. z, —z,1a s0 thuan ao
4 Z \ ~ A 2
C. z,.z,1a s thue D. —+ 1a s0 thuéan 4o
ZZ
R . n \ A A e a1 1y ~ x+1
Cau 22: C6 bao nhiéu duong tiém can cta do thi ham s6 y = ——————="
Vax* +2x+1
A.1 B.2 C.3 D.4

CAiu 23: Diém biéu dién s& phttc z thoa man (3 +2i )z =5-14i cé toa d0 la:
A. (-1;,-4) B. (1,—4) C. (-1;4) D. (-4;-1)
Cau 24: Trong cac phueong trinh dudi day, phuwong trinh nao cé hai nghiém la 1+ i3
A +iV3 x+1=0 B. x* +2x+4=0 C. x> —2x+4=0 D. x* —2x-4=0
Cau 25: Trong khong gian véi hé truc toa do Oxyz, cho duong théng d:ix-1= ]/T—Z = % va mat phéng
(a) :2x+4y +6z+2017 =0. Trong cac ménh dé sau, ménh dé nao dung?
A. d song song voi (oc) B. d cat nhung khong vuong goc véi (oc)
C. d vudng gbc voi (oc) D. d nam trén (oc)
Céau 26: Cho hinh chép S.ABC, ddy ABCla tam giac déu canh bang 4,SA L (ABC) va hop v6iSBhop véi

day mot goc 45°. Xét 2 cau:

23

(I) Thé tich ctia hinh chép S.ABCla V =

12
(I) Tam gidc SABIla tam giac can
Hay chon cau dung:
A. Chi (I) dung B. Chi (II) dung C.Ca2dung D. Ca 2 sai

Cau 27: Phuong trinh 5% +6.5° —3.5" =52 c6 mét nghiém duy nhatx, thudc khoang nao duwéi day?
A. (2;4) B. (-1,1) C. (1,2) D. (0;2)
Céu 28: Ham s0 y =+/2x—x*> ddng bién trén khoang nao dudi day?

A. (-o0;1) B. (0;1) C. (1,2) D. (1;+)



Cau 29: Biét log2 =a,log3=b thi log3/0,18 tinh theo a va bbang:

A 2b+a-2 B. b+2a-2 C. 3b+a-2 D. b+3a-2
3 3 3 3
Cau 30: Vi gia tri nao cua x thiham s6 y =-log 3x +log, x ¢ gia tri 16n nhat?
1 2
A2 B. \2 C.\3 D. 2

Cau 31: Giai phurong trinh: 2log, (x - 2) +log, (x - 4)2 =0. Mot hoc sinh lam nhw sau:

p “ 1A x>2
Buéc 1: Diéu kién: (*)
x#4

Budc 2: Phuong trinh da cho twong dwong véi  2log, (x - 2) +2log, (x - 4) =0
Budc 3: Hay la: log, (x~2)(x-4)=0 (x—2)(x—4) =1 x> —6x+7=0 = x=3£2.

Déi chiéu véi PK (*), suy ra phwong trinh da cho cé nghiém la x=3+ J2.
Bai giai trén dung hay sai? Néu sai thi sai & budc nao?

A. Sai 0 budc 1 B. Sai ¢ budc 2 C. Sai ¢ buoc 3 D. bung
Cau 32: Dién tich hinh phéang gi6i han béi @6 thi ham s6 y = 2x> —x* va truc hoanh la:

A B2 p. 1642 C. 42 D. 22

15 15

Cau 33: Mot cai ma bf?mg vai ctia nha ao thuat véi
cac kich thuedc nhu hinh vé. Hay tinh tong dién tich
vai can c6 d€ lam nén cai ma dé (khong ké vién,

mép, phan thtra).

A. 7007c(cm2)

B. 754,257t(cm2)

A
\ 4

C. 750,257t(cm2) oo

D. 756,25n(cm2)

Cau 34: So sanh céc tich phan: [ = T«/;dx,] = Tsinz x.cosxdx, K = jxe"dx. Ta c6 cac két qua nao sau day?
1 0 0

A.I>K>] B.I>]>K C.J>I>K D. K>I>]
Cau 35: Tap hop cac diém trong mat phang phtec bidu dién céc s§ phiec z thoa man |z + 2i| =1 la duong
tron cé phuong trinh nao sau day?

A. (x+2)2+y2:1 B. x2+(y+2)2:1 C. X" +y*+4y-3=0 D. X’ +y* +4x-3=0
Cau 36: Cho khdi lang tru tam gidc déu ABC.A'B'C' c6 canh day bang a\2 va m&i mit bén c6 dién tich
bang 44>. Thé tich khéi lang tru d6 la:

3 3
A. 246 B. 2* V6 C. 6 D. £ Jo

3 2




! 5

Cau 37: Giai bat phwong trinh: (%) < (%) . Mot hoc sinh lam nhu sau:
5 5

Buwéc 1: Diéu kién x # 0(*)

1
2 5
Bwéce 2: Vi i<1 nén (LJ S(LJ <:>125

5 N
Buwgc 3: T dosuy ra 125x & x < % Vay tap nghiém ctia bat phuwong trinh da chola S= (—oo;%} \ {0}

Bai giai trén duiing hay sai? Néu sai thi sai ¢ budc nao?

A.Dung B. Sai ¢ budc 1 C. Sai 6 budc 2 D. Sai & budce 3
Cau 38: Mot céi thap hinh nén ¢6 chu vi day b:img 207,5 m. Mot hoc sinh nam muon do chiéu cao cta céi
thap da lam nhu sau. Tai thoi di€m nao d6, cadu do bong cuia minh dai 3,32 m va dong thoi do duwoc béng
cua cdi thap (ké tir chan thap) dai 207,5 m. Bi€t cau hoc sinh d6 cao 1,66 m, hoi chiéu cao cta cai thap dai

bao nhiéu m?

21,875 B. h=103+ 51,87 C. h=103,75+ 25,94
T T T

Cau 39: Cho ham s6 f(x) = ln(x2 - 3x). Tap nghiém ctia phuwong trinh f'(x) =0 la:

A. h=103,75+ D. h=103,75

A (=0)U(340) B {%} c. {3l D. o

Cau 40: Mot qua bong ban duoc dat ti€p xic voi tat ca cac mat ctia mot cai hop lap phuwong. Ti s6 thé tich

ctia phan khong gian nam trong hdp d6 nhung nam ngoai qua bong ban va thé tich hop la:

A 8T B. 2 c & D. 2
8 4 6 3
. e X +mx+1 s o R s
Cau 41: Cho ham s6 y=———. Tim m dé ham s0 dat cyc dai tai x=2? mot hoc sinh [am nhw sau:
xX+m

Buéce 1: DzR\{—m},y'z x? +2mx+rf2 -1

(x+m)
Buwée 2: Ham so dat cyee dai tai x =2 <:>y'(2) :0(*)
m=-1

Buéc 3: (*) <> m’ +4m+3=0<
m=-3
Bai giai trén dung hay sai? Néu sai thi sai 6 budc nao?

A. Sai ttr budc 1 B. Sai ttr budc 2 C. Sai ttr budc 3 D. bung

Cau 42: Gid trj ctia m d€ duong thang y =2x +m cat duong cong y = x—f tai hai diém phan biét la:

A m=1 B. m>0 C. m=0 D. Mot két qua khac
Cau 43: V4i gia tri nguyén nao cta k thi ham s8y =kx* +(4k —5)x2 +2017 co ba cuec tri?
A k=1 B. k=2 C. k=3 D. k=4

Cau 44: V6i gid tri nao cua tham sd mthi ham s6 y =sinx —cosx + 2017+/2 mx dong bién trén R ?



A. m>2017 B. m>0 C.m> D. m>

2017 2017
Cau 45: C6 hai chiéc coc cao 10m va 30m lan lwot dit tai hai vi tri A, B. Biét khoang cach gitta hai coc bang
24m. Nguoi ta chon mot cai chdt 6 vi tri M trén mat dat ndm gitta hai chan cot d€ gidng day ndi dén hai
dinh C va D cta coc (nhw hinh vé). Hoi ta phai ddt chot 6 vi tri nao trén mat dat dé€ tong do dai cua hai
soi day d6 la ngan nhat?

A. AM=6m,BM =18m B. AM=7m,BM =17m

C. AM =4m,BM =20m D. AM=12m,BM =12m

Cau 46: Trong khong gian véi hé truc toa dd Oxyz,cho mit phing (P):x-y+z+3=0va ba diém
A(0;1;2), B(1;1;1), C(2; 23 ) Toa dd diém M thuge (P) sao cho [MA -+ MB + MC|nho nhdt Ia:

A. (4-2,-4) B. (-1,2;0) C. (3;-2;-8) D. (1,2;-2)
Cau 47: Cho hinh lap phuong ABCD.A'B'C'D'cé canh bang a. Xét 2 cau:

d:&
3

(I) Khoang cach tir A dén mét phing (A'BD) la

(I) Hinh 1ap phuong ABCD.A'B'C'D'cé 9 mit phang d8i xting
Hay chon cau dung:
A. Chi (I) dang B. Chi (II) dung C.C42dung D. Ca 2 sai
Cau 48: Tinh thé tich V ctia vat thé nam gifta hai m3t phang x =0,x =1, biét rang thiét dién ctia vt thé bi

cit boi mit phéng vuong goc voi truc Ox tai diém cd hoanh d¢ x(0<x <1) 1a mot tam gidc déu cd canh la

4,[1r1(1+x).
A. V=43 (2In2-1)  B. V=43 (2In2+1) C V=83 (2In2-1)  D. V=16x(2In2-1)
x=2+t
Cau 49: Trong khong gian véi hé truc toa d6 Oxyz,cho duong thang d:{y=1+mt va mat cau
z=-2t
(S) 2% +y? +2° —2x+ 6y —4z+13=0. C6 bao nhiéu gia tri nguyén ctia m d€ d cit (S) tai hai diém phan
biét?
A.5 B.3 C.2 D.1
f(x)
$(x)

cac ham s6 da cho tai diém c6 hoanh d6 x=0 béng nhau va khéc 0 thi:

A F(0)<; B. £(0)< c. 7(0)>4 D. £(0)>

Cau 50: Cho cac ham s6 y = f(x),y=g(x),y = . Néu cac hé s goc ctia cac tiép tuyén cua cac d6 thi

NI



PAP AN VA LOI GIAI CHI TIET

1C 2D 3C 4A 5C 6D 7A 8B 9D 10B
11B 12A 13C 14B 15D 16B 17A 18C 19C 20B
21D 22B 23A 24C 25C 26C 27D 28B 29A 30C
31B 32B 33D 34A 35B 36C 37D 38A 39B 40C
41B 42D 43A 44C 45A 46B 47C 48A 49A 50B
Cau 1: Pap an C. . (5Y (3e) .. N1
Phdn tich: Ta c6 thé thdy ngay ticla (&j - (gj - Vay co s6 ltc nay 16n hon

,_ab—bc 3
y MS* MS?

L . 1
>0 voi moi x¢5.

Vay ham s6 dong bién trén cac khoang (—oo;%) va

1)

(co

Két qua luu j: Ham 8 =2 il

cx+d
. ad-bc A an T 1ot
y'=——) ludn dong bién hodc nghich bien

(cx +d)

trén cac khoang (—oo; —éj va [—é ;+00J.
c c

Cau 2: Pap an D.
Kién thtrc ap dung: Duong thang c6 phuong trinh
xX=x, +at
tham s6 d:{y =y, +bt thivtcp cuadla
z=2z,+ct
U= (a; b; c).
Cau 3: Dap an C.
Ta c6 cong thirc (e” ) =u'.e". O day tanham
nhanh rang (x + 2017)' =1. Do vay
yv(lnz) — eln2+2017 — 2@2017 .
Cau 4: Dap an A.
Xy =% o +x, =1
Tanhdm nhanh nhw sau: \y, =y, +y, =1
Zy =2 +2y =1
Cau 5: Dap an C.
Cau 6: Dap an D.
Ta thdy tat ca cac phuong an con lai co sd déu 16n
hon mét, riéng ¢ B va D thi co sd 16n hon 0 va
nho hon 1. Tuy nhién, ta thdy 0 B, sO ma la —x

1, do d6 ta chon D.
Cau 7: Pap an A.

Ta cé: bpt < * 4
4x-329
Cau 8: Dap an B
1(3;1;5) la trung diém cua AB, khi d6 I 1a tam

<Sx23

ctia mdt cau nhan AB lam duong kinh, ta khong
can di tim d¢ dai ban kinh vi tat ca cac phwong an
déu 1a 17. Do vay ta chon ludn B.

Cau 9: Pap an D.

Ta co:

Néu chi c6 diéu kién (x—1)(x—2)>0 thikhong
du boi khi d6 sé c6 TH (x—1) va (x—2) cling
nho hon 0. Do dé ln(x - 1) va ln(x - 2) khong
ton tai.

Cau 10: Pap an B.

Ta bdm may MODE — 2:CMPLX
An SHIFT+hyp (Abs) va nhap biéu thitc

1+2i+2x(3+1) méay hién 65
Cau 11: Dap an B
Ta bam may tinh dudi ché€ d¢ tinh toan véi s6
phttc MODE 2 dwgc z=9—-10i. Ma dé hoi s6
phtec lién hgp do d6 ta chon B.

Cau 12: Dap an A.

Ta c6 phuong trinh
2.(1+2t)+t-2-3t-2=0=t=1=M(3;1;,-5)

Cau 13: Pap an C.

DPay la bai toan ting dung cua viéc tim phuwong
trinh dwong thang di qua hai diém cyec tri nhuw
sau:

Ta c6 két qua d6 la: Trung diém ciia doan thang noi
hai diém cwec tri chinh la diém udn ciia do thi ham sé
bdc ba.

Tacd y=(x-1)(x+2) =x* +32* —4



Taco y"=6x+6=0=x=-1 :>y(—1)=—2. Thoa

man phuong trinh C.

Hodc quy ddc gia c6 thé lam ludn theo cach bam
may viét phuwong trinh di qua hai diém cuc tri ma
toi da gioi thiéu trong sach “Bo dé tinh tuy 6n thi
THPT Qudc Gia mon Toan”

Cau 14: Pap an B.

Ta c6 Sau hai ndm thi s0 tién 1ai ba thu dwoc la:
100(1+0.07)° ~100 =14, 49

Cau 15: Bap an D.

Ta co
1 AD 1 1
SABM = E -AB. T = Z SABCD = VSABM = Z VSABCD
“ , 1 Vo1
Mat khac V.. = 5 Vi pep do vay 7: =5

Cau 16: Dap an B

Ta c6 I:(x3 +2x) g:a3 +2a=a’+2<a=1
Cau 17: Dap an A.

F(x)=](e" —2017.c " jix =¢* +2017¢ ™ + C

Cau 18: Pap an C.
Phuong trinh c6 dang

f+l+§:1@3x—6y+22—12=0

4 2

Cau 19: Pap an C.
ab =20

Ta cb {bc =28 < abc =+/20.28.35 =140
ca=35

Cau 20: Pap an B.
x° +20

Ta nhéan xét nhanh, thdy rd dong bién
trén [1;4], \/; cling dong bién trén [1;4]. Do dé
Min, Max cua f (x) nam & dau mut, khi do
Max f (x) = f(4) =32
Cau 21: Dap an D.
Cau 22: Pap an B.
Hai TCN la y :%
Cau 23: Dap an A.
Bam may tinh v6i ché d0 MODE — 2:CMPLX
5-14i
3+2i
Cau 24: Pap an C.
Ta thdy z, +z, =2;2z,z, =4= chon C.

va y——l
2

vOi z= =-1-4i

Cau 25: Dap an C.

d c6 vtep ;t=(1;2;3)

(oc) co vipt n= (2; 4; 6) = 2(1; 2,'3) do dé u cung
phuong véi n dodéd vudng gbc voi (oc) .

Cau 26: Dap an C.

SB hop voi day mot goc 45° do do6 tam giac SAB
vuong can tai A. Khi d6 SA=AB=a.Vay

_1,1a88 243
3 2 2 12

Cau 27: Dap an D.

Tacé 5" +6.5° —3.5" =52

<:>5—52.5x =525 =box=1

= (I), (I) dung.

Cau 28: Dap an B.

DZI:O;Z] y,: —x+1

N2x —x°
s& dong bién trén (0; 1)

Cau 29: Dap an A.

Gén log2 cho A, log3 cho B, thtt trén may ta dwoc

>0< x<1.Suy raham

dap an A.

Cau 30: Pap an C.

Cau 31: Dap an B.

Chitra lai nhu sau & budce 2:

Phuong trinh da cho twong duong véi
2log, (x - 2) +2log, |x —4| =0

Cau 32: Dap an B.

x=0

Tacd 2x* —x* =0 .Khi d6
L:i\/i

2 2
S= J ‘sz —x4‘dx:2j(2x2 —x4)dx
> 0

(45 2
3 5

Cau 33: Dap an D.
Tong dién tich dwoc tinh bang tong dién tich

2 8 8 1632
o2 =N
0 3\/_ 5J_ 15

xung quanh ctia hinh tru va dién tich mét day,
vdi dién tich hinh vanh khan.
Ta co
$=217,530+n7,5 +mn.(17,5" =7,5" ) =756,25n
Cau 34: Dap an A.
Ta co I=E;]=1;K=1 =>I>K>]
3 3
Cau 35: Dap an B.
lz+2i|=1<x +(y+2) =1
Cau 36: Dap an C.



2
Tacod h= da =2a\/5.

a2
V=Bh= %.a«/i. 243 2a\2 =a®\J6

2
Cau 37: Pap an D.
Buc 3: Vi chuyén bat phuong trinh twong duwong

nhan hai vé& v6i x ma khoéng xét ddu cua x.
Cau 38: Dap an A.

Ta co:
;’gg = 207 5 L = h=103,75+ 51,875
’ 2 1207,5 T

2n
Cau 39: Dap an B.
2x-3 3
In(x? =3x))' = =0 x==
( ( )) x* —3x 2
Cau 40: Dap an C.
Qua bdéng ban c6 ban kinh r, hinh 1ap phuong c6

canh 2r. Khi dé V tréngla V, = (81*3 — % nr3j .

%

Khi d6 —+=—3 -
|4 8 6

Cau 41: Dap an B.

D&u tuwong duong dung sai, & day chi la dau suy

ra va sau d6 phai tht lai sau buedce 3.

Cau 42: Pap an D.

x #1. Xét phrwong trinh hoanh d¢ giao diém ta c6

dé hai @6 thi ham sé catwsn hau tai hai diém
o |x=l

phan biét thi: {sz . (m ~ 3)x C—120

2+m-3-m-1=0
= Vm

(711—3)2 +8(m+1)>0
Cau 43: Dap an A.
Ta nham nhanh nhu sau: D& ham s c6 ba cuec tri
thi phuwong trinh y'=0 phai c6 ba nghiém phan
biét, tirc 1a (4k —5)k <0 . Chi c6 A thoa man.
Cau 44: Dap an C.
Ta cd y'=cosx+sinx + 2017+/2m . Ta c6

y'=+/2sin (x + EJ +2017+/2m . D& ham s8 da cho

dong bién trén R thi y'>0 véimoi x e R. Dau

bang xay ra tai hitu han diém.

= sin[x + EJ >-2017m véi moi x e R. DBiéu nay

xay rakhi 2017m<-1<m> L
2017

Cau 45: Dap an A.
Ta c6 dit AM=x khi d6 MB=24—x;x<(0;24)
Khi d6

CM + DM = f(x) =107 + x> +,[30% + (24 - x)".
Luc nay ta thtt xem dap an nao Min.

Cau 46: Dap an B.

Goi I 1a diém thoa man IA+IB+IC=0
=1(1;0;2). Ma

‘W+W+ATC :‘IZ+E+E+3M =3MI.D¢€

[MA + MB + MC|nh6 nhat thi

MI 1(P)=M(-1;2;0).

Cau 47: Dap an C.

Ta c6 goi 1 1a khoang cach tir A dén mit phang
(A'BD) thi %:%:h:%:([) dung.

Xét khéi lap phuwong ABCD.A'B'C’'D’

Goi M,N,P,Q lan luwot la trung diém cua AB, BC,
CD, DA

M’, N’, P’, Q' lan luot la trung diém ctia A'B’,
B'C’,C'D’, D'A’

R, S, T, U lan luot la trung diém ctia AA’, BB,
CC’, DD’

Khéi 1lap phuong ABCD. A'B'C'D’ ¢6 9 mp ddi
xtrng nhu sau :

a) 3 mp d6i xting chia no6 thanh 2 khéi hop chiv
nhat (Ia cdc mp MPP'M’, NQQ’'N’, RSTU)

b) 6 mp d6i xting chia né thanh 2 khéi lang tru
tam giac (Ia cicmp ACC'A’, BDD'B’, AB’C'D,
A’BCD’, ABC'D’, A’B'CD). Vay (II) dting.

Cau 48: Dap an A.

Cau nay tuong tw nhu cau s6 26, dé so 8 trong
sach “Bo dé tinh tay 6n thi THPT Qudc Gia nam
2017” ma toi da phan tich va dé cap rat ki. Do d6
o day:

Ta co

S(x) =%.41 fln(l + x). + ‘ln(l; x)\/g = 4\/5.1n(1 + x)

Vay V =jS(x)dx:4J§jln(1+x)dx
0 0



1 d: do=dx=>v=x DPé thoa man yéu cau dé bai th21 phuong trinh c6 2
T+x nghiém phan biét. < (5 + 4m) - 20(7712 + 5) >0

. 7 1 h X 2 A 4
Khi 6 V=4\/§. x.ln(1+x)0— 1—dx <4m” —40m+75<0 <2,5<m<7,5.Vay co 5

o l+X

Dit u=1n(1+x):>du=

gia tri nguyén ctia m thoa man.

\% :4\/5.[1n2 —(x—ln(1+ x)) é] Cau 50: Dap an B.
Taco f'(0)=g'(0)=

£'(0)-8(0)~5'(0)-£(0)

=4/3.(In2- (1-1n2))=44/3.(2In2 - 1) 8% (0)

Cau 49: Pap an A a. g(O —f(O)

Ta c6 phuong trinh <= ( ¢ (0) )
(2+t)2+(1+mt)2+4t2—2.(2+t)+6.(1+mt) 2
841320 = £(0)=-(0)+5(0)-1 - (0)-3] <1

& (m* +5)8 +2.(5+4m)t+20=0

QRiE™

& Hay gidi quyét nhiing chussng ngai vt

M§t nong dan gia phdi cay vong quanh mgt ting dd 16m trong mdnh rugng ciia dng trong nhiéu nidm. Ong da lam
gy nhiéu lwdi cay, mot cdi mdy xdi vi tang dd nay va thiy mudn phdt bénh moi khi nhin no.

Mot ngay kia, sau khi bi gay thém mot lwoi cay nika, nhé lai tat cd nhitng buec doc tang da da giy ra cho ong trong
tieng @y ndam, ong quyét dinh phai lam mdt diéu gi véi no.

Khi 6ng ké cdy xa beng duwdi ting dd, 6ng ngac nhién nhin ra né chi diy khoing mot tic rudi, ong co thé dung
biia tq ddp v6 dé dang. Vira bé nhitng mdnh dd vun 1én xe dem di bé , ong vira mim cuwoi khi nhé lai tat cd nhitng
buc doc ting da da gdy ra cho ong trong tieng &y niam va chuyén vitt bé né di lai thit la dé dang, nhanh chéng .

Tré ngai d6 c6 thé nhé bang 1 cuc dd, hodc to bang ca niii tiy vao cdach ban nghi né la nhu thé ndo. D
sao di la tré ngai thi ciing nén d6i mdt va gidi quyét né, béi ban c6 thé né tranh 1 phiit nhung ching thé
ndo né tranh duoc ca doi.

(Nguon: Swu tim)



w N DE THI THU THPT QUOC GIA NAM 2017
DE SO 3 A .
c R ) Mon: Toan
TOAN HQC TUOI TRE LAN 4 Lo ,
Thoi gian lam bai: 90 phat

Cau 1: Hinh dwdi la d6 thi cia ham s6 nao trong bon ham s6 duoc liét ké & bon phuong an A, B, C, D sau:

A y=x"-3x+2 Ay
B.y=x"-2x"+1 1
C.y=x"+2x-3 \

D. y=-2x"+3x" -1 -1 0O 1 x;

3 2

Cau 2: Cho hams§ y = f(x)= % +7-+x, khi 6 tap nghiém cua bt phuong trinh f(x)<0 la:
A. @ B. (0;+) C. [-2;2] D. (—o0;+0)
Cau 3: Ham s8 y =+/x —x* nghich bién trén khoang:
A. [%;1) B. [o,%j C. (—0;0) D. (1;+)

Cau 4: Ham s6 y =x° +3x* + mx + m dong bién trén tap xac dinh khi gia tri caa m la:

A. m<1 B. m>3 C. -1<m<3 D. m<3
Cau 5: Cho ham s6 y=mx’ +2x> +(m +1)x —2. Véi gid tri nao cua mthi ham s6 da cho c6 mot cuc tri?

A. m<0 B. m>0 C. m=0 D. m<1
Cau 6: Cho ham s y=x —3x* + Z(C ) Duong thang nao sau day 1a tiép tuyén cta (C) c6 hé s6 goc nho
nhat:

A. y=-3x+3 B. y=-3x-3 C.y=-3x D. y=0

Cau 7: Cho phuwong trinh —x* +4x* —=3—m=0. Vdi gid tri nao cua mthi phuong trinh ¢ 4 nghiém phan
biét:

A 1<m<?2 B. -1<m<2 C. 3<m<1 D.1<m<3
Cau 8: SO diém c6 toa dd la cac s6 nguyén trén do6 thi ham sd y = al +g la:
X+
A. 4 B.2 C.3 D.1
Cau 9: Ham s6 y=x* +x% +1 dat cyc ti€u tai:
A x=-1 B. x=1 C. x=0 D. x=-2
CAau 10: Cho ho do6 thi (Cm) ;y=x"+mx’> —m—1. Toa dd cac diém ma moi d6 thi cua ho (Cm) di qua la:
A. (-1;0) va (1;0) B. (1,0) va (0;1) C. (—2:1) va (-2;3) D. (2;1) va (0,1)
Cau 11: Cho ham s0: y = x—Jri(C ) Goi d la khoang cach tir giao di€ém hai tiém can cuia d6 thi (C ) dén mot
X+

tiép tuyén cta (C). Gié tri I6n nhat d c6 thé dat duoc la:

A. 33 B. \3 c.\2 D. 22

Cau 12: Biéu thitcc A =4"%> ¢4 gid trj la:

A.6 B.9 C.16 D.2
Cau 13: Dao ham ham s6 y =2".3" béng:

A. 6"In6 B. 6" C.2"+3" D. 2 43!
Cau 14: Choham s6 f (x) =e" (3 —x° ) Dao ham ham s0 triét tiéu tai cac diém:

A x=1x=-3 B. x=1x=3 C.x=-1x=3 D. x=0

Cau 15: Phuong trinh log, (3x - 2) =3 co6 nghiém la:



11 25 29

A, — B. — C.— D. 87
3 3 3

Céu 16: Ham s6 y = ln(—x2 +5x— 6) co tap xac dinh la:

A. (—00;2) u(3;+oo) B. (0;+oo) C. (—oo;O) D. (2;3)
Cau 17: Tap nghiém ctia bat phuong trinh 32.4* —18.2" +1<0 la tap con cua tap:

A. (-5-2) B. (—4;0) C. (1;4) D. (-3;1)
Cau 18: Cho a=log, 3,b=log, 5, khi d6 log,, 1350 tinh theo a,b bang:

A. 2a+b+1 B. 2a-b+1 C.a+2b+1 D. 2a-b-1

a8

Cau 19: Rat gon biéu thuc (v6i a>0) duoc két qua la:

o

A.d* B. a C.a D. @’
2
Cau 20: Goi M, m lan luot la gia tri 16n nhat va gia tri nhé nhat cia ham s6 y = x_x trén doan [—1; 1]. Khi
e
do:
1 1
A M==m=0 B. M=¢e;m=0 C. M=¢m=- D. M=¢em=1
e e
, Z=4"+1
Cau 21: S6 nghiém ctia hé phuong trinh: 4 . SR TY
2" +y-1=0
A.2 B.3 C.1 D. 4
Cau 22: Nguyén ham ctia ham s6 f (x) =sinx.cosx trén tap s6 thuec la:
A. icost+C B. —icos2x+C C. —sinx.cosx D. —isin2x+C
Cau 23: Nguyén ham F(x) cta ham s& f(x) =4x> —3x” +2 trén tap s6 thuc thoa man F(—l) =3 la:
A xt—x>+2x+3 B. x* —x% +2x C. x*'—x’+2x+4 D. x*—x’+2x-3
B

Cau 24: Tich phan: J 3x\x* +1 dxbang:
0
A.3 B.7 C. -5 D. -3

Céu 25: Tich phan: j(|3x ~1|-2J|) dx béng:
0

At B.Z f— D.0
6 6 6
: \
Cau 26: Tich phan: Ie* sinx dx bang:
0
A.1-e? B. 1+¢2 C. %(nw] D. 2[1+e2J

Cau 27: Thé tich khdi tron xoay nhan duoc khi quay hinh phéng giéi han boi duong cong y =3x —x* va
truc hoanh quanh truc hoanh bang:

A 8T oty B. 5T (gt c. 37 gyt D. 8% (qviy)
10 10 7 7

Inx

2x
A. 3-+e B. 2—+e C. 2++/e D. Je-3

Cau 29: S6 nao trong cac sO sau la sd thuan ao:

A (V2+2i)-(V2-i)  B.(2016+i)+(2017-i) C. (3-i)—(2-i) D. 2017

Cau 28: Dién tich ctia hinh phang gidi han béi cidc dwong x=1,x=e¢,y=0 va y = bang:



Cau 30: SO phtic lién hop cta sO phic z = (1 - i)(3 +2i) la:

A. z=1+i B. z=1-i C. z=5-i D. z=5+i
Cau 31: D€ s6 phtic z=a+(a—1)i (a 1a s6 thwc) ¢ |z|=1 thi:
A.az% B.az% C. a=0 hoaca=1 D. |u|=1

Cau 32: S8 phtrc z=(1+ 21')2 (1-7) c6 md dun la:

A. |{=5V2 B. |4 =50 C. |¢] D. |o|==

22
3

10
3

A A v < A 7 o« A7 A \ A7 o« A7 <X 2 4 A 7 4
Cau 33: Trén médt phang toa do cac diém A,B,C lan luot la diém biéu dién cua cac s6 phtc 1 ;
l —

(1-i)(1+2i);-27°. Khi d6 tam gidc ABC:
A.Vudng tai C B. Vudng tai A C. Vuong can tai B D. Tam giac déu
— —\2
Cau 34: SG phtic z théaman z+3z= (1 - 2i) la:

A. —§+2i B.2+§i C.Z—Ei D. —§—2i
4 4 4 4

Céau 35: Dién tich hinh tron 16n ctia hinh cau la S. Mot mit phang (P) cét hinh cau theo mot dudng tron
c6 ban kinh r, dién tich %S. Biét ban kinh hinh cau l1a r, khi &6 r bang:
A. —R\/E B. _R\/E C. —R\E D. _R\/E
4 6 2 3
Cau 36: Hinh chép tt gidc déu c6 tat ca cac canh bang a. Thé tich khdi chép d6 bang:
3 3 3 3
@ \2 p. ©2 c o2 D23
2 6 3 3
Cau 37: Nguoi ta bo vao mot chiéc hdp hinh tru ba qua béng tennis hinh cau, biét rang day hinh tru bang

A.

hinh tron 16n trén qua béng va chiéu cao ctia hinh tru bang ba Ian duong kinh qua béng. Goi S, 1a tong

A1 -y NPT s P
dién tich cia ba qua béng, S, 1a dién tich xung quanh ctia hinh try. Ti s dién tich - la:
2

A.2 B.5 C.3 D.1
Cau 38: Hinh hop chit nhat c6 ba kich thudce la a,b,c thi duong chéo c6 do 16n la:

A.Na® +b* =¢? B. Na’ +b* +¢’ C. N2a* +2b* - ¢* D. \a? +b* -2¢*
Cau 39: Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh thang vuong tai A va B,SA vudng gbc véi mat
phang (ABCD),AB = AC=a,AD =2a, gbc gitta SC va mit phang (ABCD) bang 45°. Géc gitta mt phang
(SAD) va (SCD) bang:

A. 45° B. 30’ C. 75° D. 60°
Cau 40: Cho hinh chép tam giac déu ddy c6 canh bang a, gdc tao boi cac mat bén va ddy bang 60°. Thé

tich khdi chép la:
3 3 3 3
3 B. v -6 v D.v=-2
24 24 8 8

Cau 41: Thiét dién qua truc ctia hinh nén la tam giac déu canh 6a. Mot mat phéng qua dinh S cuanodn va

A. V=

cat vong tron day tai hai diém A va B. Biét s do goc ASB bang 30°, dién tich tam giac SAB bang;

A. 1847 B. 164> C. 97 D. 10a”
Cau 42: Cho hinh chép S.ABC c¢6 day ABC la tam giac vudng tai B véi AB=a,BC= aN2,5A=2a va SA
vudng goc véi mat phang (ABC ) Biét (P) 1a mat phang qua A va vudng gdc véi SB, dién tich thiét dién
cdt boi (P) va hinh chop la:



2 2 2 2
A 4a«/ﬁ B. 4a\/§ C. Sam D. 411\/5
25 15 25 15
Cau 43: Trong khong gian vdi hé toa do Oxyz cho ba vecto ;l(—l; 1;0),?)(1; 1;0),2(1; 1;1). Trong cac ménh

dé sau ménh dé nao sai?

A. ab=0 B. | =3 C. |af=v2 D. bc=0
Cau 44: Trong khong gian véi hé toa dd Oxyz, mit phang song song véi hai duong thang:
x=2+t
d, :x_—2 _y*l_z va d, 1y =3+2t co vecto phap tuyén la:
2 -3 4 st
A. n=(-5;6,-7) B. n=(5-6;7) C. n=(-5-6,7) D. n=(-567)
Cau 45: Trong khong gian véi hé toa d§ Oxyz, mdt cau (S) tam I (1; 2;—3) di qua diém A(1;0;4) co
phuong trinh la:
A (x+1) +(y+2) +(2-3) =53 B. (x+1) +(y+2) +(z+3) =53
C. (x-1) +(y-2) +(z+3) =53 D. (x-1) +(y-2) +(z-3) =53

Céau 46: Cho ba diém A(1;6;2),B(5;1;3),C(4;0;6), khi d6 phurong trinh mit phang (ABC) la:

A. 14x+13y+9z+110=0 B. 14x+13y-9z-110=0
C. 14x-13y+9z-110=0 D. 14x+13y+9z—-110=0
Céu 47: Trong khong gian voi hé toa do Oxyz, vi tri twong d6i cua hai duwong théng
x=1+2t x=7+3m
d:qy=-2-3t va d,:qy=-2+2m la:
z=5+4t z=1-2m
A. Chéo nhau B. Cat nhau C. Song song D. Trung nhau

Cau 48: Trong khong gian voi hé toa d6 Oxyz cho ba diém A(—Z;l;O),B(—3;O;4),C(0;7;3). Khi d6
cos(@,ﬁ) bf?mg:

A 14+/118 B _7\/118 c J798 b _\/798
" 354 N V4 " 57 " 57

Cau 49: Trong khong gian voi hé toa d6 Oxyz cho tit dién ABCD c6 A(2;3;1),B(4;1;—2), C(6,'3;7),
D(—5; —4;8). Do dai duong cao ké tit D cua t¢ dién la:

A.11 B. 2 b p. 43
7 5 3
Céau 50: Trong khong gian véi hé toa do Oxyz cho bon diém A(1;1;1), B(1,2;1),C(1;1;2), D(2;2;1). Tam

I chia mdt cau ngoai tiép tt dién ABCD c6 toa do:

A. (3;3;-3) B. E,-—§,-E C.
2" 272

N |

j D. (3;3;3)

3.
I2I

N



DAP AN VA LOI GIAI CHI TIET

1B 2A 3A 4B 5C 6A 7C 8B 9C 10A
11C | 12B | 13A | 14A | 15C | 16D | 17B | 18A | 19C | 20B
21C | 22B | 23A | 24B | 25A | 26C | 27A | 28B | 29A | 30D
31C | 32A | 33C | 34D | 35C | 36B | 37D | 38B | 39D | 40A
41C | 42A | 43D | 44D | 45C | 46D | 47A | 48B | 49A | 50C

Cau 1: Dap an B

Phdn tich: Nhan thay day la dang do thi cua ham s6 bac bon trung phuong,

nén phuong an A, C loai. Véi B, C ta thdy. Ham s6 ¢ phuong an B c6
x=1

y'=4x" —4x=0<| x=-1 . Nhin vao do thi thi ta thdy hoanh do hai diém cuc
x=0

tiéu , cuec dai thoa man, nén chon B.

Cau 2: Dap an A.

Phin tich: Vi bai toan nay ta s& di im f'(x) roi thé vao bat phwong trinh

ban dau.
1Y 3
Loi gidi: Ta o6 f'(x)=x" +x+1. Nhan xét x2+x+1=£x+5j +Z>0 voi

moi x . Do vay bt phuong trinh v6 nghiém.

Cau 3: Dap an A.

Phdn tich: D€ tim khoang dong bién, nghich bién ctia ham s6 thi ta di tim
nghiém cua phuwong trinh y'=0 hodc gia tri lam cho phuwong trinh y'=0

khong xac dinh, ttr d6 tim dwoc cac khoang dong bién, nghich bién cta ham Cha y: Vé6i dang toan
sO. nay, d€ xét dau cua dao
Loi gidi: Dieu kién: x (0;1) ham trén moi khoing

ma ta da tim ra, ta chi

Ta 6 y':( /_x_xz)': —2x+1 can thit mot gid tri bt ki
20 x — x> trong khoang dé dé xét

x=0
x=1"

d&u ctia dao ham.

y' khong xac dinh khi {

y'=0 khi x:%. Khi d6 ta c6 2 khoang can xét d¢ la (0;%};(%;1]. Nhan

thiy & day y' <0 véi xe e ; 1), do d6 ham s& nghich bién trén [% ; 1} .

Cau 4: Pap an B

Phdn tich: Ham s6 da cho:

1. La ham s6 bAcba cd hé s6 a=1>0.

2. Cétap xdc dinh D=R.

Do d6 gidng nhu t6i da trinh bay trong cudn b dé Tinh Tty 2017 thi d€ ham
s0 bac ba c6 cac diéu kién trén dong bién trén R thi phwong trinh y'=0 c6
nghiém kép hodc vo nghiém.

Loi gidi: Ta xét phuong trinh y'=0 <3x> +6x+m=0.

D€ phuong trinh trén v6 nghiém hodc ¢6 nghiém kép thi A'=3* —3m<0
<m=3



Ghi nhé: d6 thi ham s6
béac ba hoac la c6 hai
diém cuc tri, hodc 1a
khong ¢6 diém cuec tri.
Khong ¢6 TH c6 mét
diém cuec tri

Meo: O day ta c6 mot
meo nhanh dé€ khong
can vé BBT d6 13;

Vi @6 thi ham s6 bac
bén trung phuong cé
hai diém cuc tri:
1.V6ihés6 a <0 thicd
dang chit M ( chi la
meo).

2.Véihésd a>0 thicod
dang chit W.

Trong sach bo dé tinh
tiy toan 2017 t6i da
trinh bay.

Cau 5: Pap an C
Phdn tich: Ta nhan thdy day la mot bai toan stt dung meo nhé khd la nhanh
dé 1a: D6 thi ham s6 bac ba hodc la ¢6 2 diém cuc tri, hodc la khong c6 diém
cyec tri nao. Do vay ¢ day, dé€ ham s da cho c6 mot cuc tri thi ham s da cho
thoa man diéu kién khong la ham bac ba, tic la m=0.Khi m=0 thi ham s6
da cho trd thanh ham s6 bac hai, ma d6 thi ham sd bac hai la parabol luén c6
mot diém cuc tri.
Cau 6: Pap an A
Phdn tich: Ta thdy hé s goc cua ti€p tuyén tai di€ém cé hoanh d6 x=x, la
£'(x,)-Taco f(x,)=3x2 —6x,=3(x, ~1) ~3>-3 v6imoi x,. Do d6 hé s§
goc tiép tuyén nho nhat 1a -3 khi x, =1. Khi d6 phuwong trinh tiép tuyén la
y=-3x+3
Cau 7: Pap an C.
Phdn tich: Ta thay day la bai toan cé thé c6 lap m sang VP, do d6 ta sé lam
theo cach vé BTT tir d6 két ludn s6 nghiém cta phuwong trinh.
Loi giai: phuong trinh da cho twong dwong véi:
—x* +4x* —3=m . Dit f(x)=—x"+4x> -3 6
f(x)=—4x" +8x= 4x(—x2 + 2)

x=0
Phuong trinh f'(x)=0 <> | x=-+2. Khi d6 tr BBT ta c6:

x —0 —\E 0 \/E +o0

f(x) + 0 - 0 + 0 -

o NN

Nhin vao BBT ta thdy dé phwong trinh da cho c¢6 4 nghiém phéan biét thi
-3<m<1

Cau 8: Dap an B

Phdn tich: V6i bai todn dang nay ta sé chia tix s6 cho mau s8, gidong nhu bai
toan giai phwong trinh nghiém nguyén ma ta da hoc ¢ cap 2.

xX+3 1

Loi gigi: Ta cd y= 1+ .Dé y la sO nguyén thi x+2 la wdc cua 1.
x+2 xX+2

Tacla x+2=41<x=-1;x=-3. Vay cd hai diém cd toa do la cac s6 nguyén
x+3
x+2

trén do thi ham s6 y =
Cau 9: Pap an C

Loi giai: y'=4x" +2x = 2x(2x2 + 1) . Phuong trinh y'=0 cé nghiém duy nhat
x=0.Do d6 chon C.

Cau 10: Pap an A.

Phdn tich: Day la dang toan tim diém cd dinh ctia d6 thi ham s6 cho trude co
tham s6. V6i dang toan nay ta c6 cac budc lam nhu da note ¢ bén.



Loi gidi: ta 6 y=x" +mx’? —171—141)171(x2 —1)+x4 ~y-1=0. Diém ma c6

2_-1=0 =Ly=0
dinh ctia ho (Cm) thdéa man {x & [x Y

xt—y-1=0 |x=-Ly=0
Cau 11: Pap an C

er2:1+ 1 SNxzLy'= -1 .

x+1 x+1 (x+1)2

Tacod y=

Ta thay I (—1;1) la giao di€ém hai duong tiém can cua d6 thi ham s6. Phuong

, , . 1
trinh tiép tuyén véi (C) tai diém | x,;1+ la:
p y ( ) ° ( 0 X + 1\)

(4)

1
= (x—x,)+1+
Y RAR

Khoang cach tir I dén (d) la:

2(—1—x0)—1+1+x . 2
1
d(I;(a))= % 1) n —! - xo+1
T+—f I+ —
(x, +1) (x,+1)
_ 2|x0+1| < 2|x0+1| -2 ( Ap dung bat dang thttc Cauchy).

—=<
\/(xo +1) +1 \/2 (x, +1)4

Cau 12: Pap an B

Loi gidi: A=4"" =(2*)" =3* =9

Cau 13: Dap an A.

Loi gidi: Tacd y'=(2"3")'=(6")'=6"In6

Cau 14: Dap an A

Phén tich: O day cau noi dao ham ham sd triét tiéu tic la gia tri d€ cho dao

ham ham sd bang 0. Ttic 1a ta di tim nghiém ctia phwrong trinh £ (x) =0

Loi gidi: Ta co f'(x)z(e" (3—x2))' =e".(3—x2)—2x.ex =e (—x2 —2x+3)

x=1

'(x)=0<—x* —2x+3=0 (Do €' >0) <

e e

Cau 15: Pap an C.

e e Tna 1 en 2
Loi giai: Diéu kién: x > 5

pt<3x-2=3" <:>x:2—39(thc’)amén)

Cau 16: Dap an D.

Loi gidi: Diéu kién d€ ham s6 xac dinh 1a —x* +5x-6>0 <2<x<3

Cau 17: Pap an B

Phdn tich: Vi bai toan dang nay ta giai bat phuwong trinh. Nhan thay day la
dang bat phuong trinh mi thuong gdp, do hang tir 324" = 32.(2X )2 . Do vay

ta sé giai bai toan nhuw sau:

Ghi nhé: cac buéce tim
diém cd dinh ctia d6 thi
ham s6 chita tham sd:
1. Chuyén y sang VP.

2. Gop cac hang ttr ¢
tham s6 va dit tham s6
chung ra ngoai.

3. Cho céac biéu thitc
trong ngodc sau khi dat
tham s& ra bang 0.

Ghi nhé: Véi bai toan
dang lién quan dén
khoang cach, ta nén tach
ham s6 phéan thiec ( tic
1a 14y tt 8 chia mau sd)
nhu bai lam bén d€ khi
thay vao cong thic
khoang cach sé rat ngan
thoi gian rat gon.

x+2 1

=1+——
x+1 x+1

Vi du:

Ghi nhé: Cong thirc ap

dung: as" =b

Ghi nho:
a*.b* =(ab)X ;

(ax)' =a*.lna




Loi gidi: BPT @32.(2" )2 ~182° +1<0 < (22" - 1)(16.2" ~1)<0
<:>i<2" <1 sS4 <x<—1

16 2
Nhan thdy ¢ day (—4; —1) la tap con cua tap (—4; 0) do d6 chon B.

Cau 18: Pap an A

Ghi nhé:
Cong thtrc ap dung;:
log x+log, y=log, xy

Ghi nhé: Ham s6 luoén
don diéu trén mot doan
cho trudc thi dat GTLN,
GTNN tai cic diém dau
mut. Néu gép cac ham s6
dang nay, ta bé qua budce
tim dao ham va két luan
luén GTLN, GTNN.

Phdn tich: V6i bai toan dang nay, ta thuong phan tich 1350 ra dang thtta s6
nguyeén td, tir d6 dwa vé cac s6 da cho trude.

Loi giai:

Ta c6

log., 1350 =log,, (2.3°.5 ) = log,, (2.3.5) + log,, (3.5)

=1+2log,, 3+log,,5=2a+b+1
Cau 19: Pap an C.
afu & N ~ a«ﬁ+1+2fﬁ ~ P _

Loi gidi: ta ¢ = =
S (o) AP

Cau 20: Dap an B.

Phdn tich: Néu khong xac dinh duwoc ham sé da cho lién tuc va don diéu trén
doan d¢ thi ta nén lam tirng budc mot.

0 , R
5 . Nhan thay 0 thu¢c doan dang

Li gidiz Ta c6 y'= 2 €% L {x

e x
xét nén ta sé xét cac gia tri y(—l);y( ) (1)
Taco M = Max{y(—l);y(O);y(l)} =e; m= Mzn{y(—l);y(O);y(l)} =0
Cau 21: Pap an C.
Phdn tich: Nhan thay khi nhin vao hé phuwong trinh ta thay kha kho, tuy nhién
¢ phuong trinh thit hai cia hé ta c6 thé chuyén bién y theo x, tir d6 thay vao
phuong trinh th nhét ta dwgc mot phuwong trinh mi, bai toan tré thanh tim
s0 nghiém cua phuong trinh ma.
Loi giai: Ta c6 phuwong trinh (2) < y=1-2"" . Thay vao phuong trinh tht
nhat ta duwoc:
(1-27 )2 =4 +1 222 22" = 4" o427 2% 40" =(
< 3.2%* —4.2" =0. Phuong trinh sau khi bién d6i ¢6 duy nhat mét nghiém, do
do ta chon C.

Cau 22: Dap an B
Phdn tich: Ta thdy sinx.cosx = %sian do vay, ta cd 10i giai sau:
Loi giai:
. 1, . 1 . 1. 1
J.smxcosxdx = —jstxdx =—.j2.51n2xdx = j—stxd(Zx) =——cos2x+C.
2 4 4 4

Cau 23: Dap an A
Phén tich: Do ho cic nguyén ham ctia ham s& sau khi tim ra cé héng s6 C. Dé

bai cho gia tri F (—1) =3 dé tim C, tir d6 xac dinh mot nguyén ham can tim.

0i gidi: Ta c6 F(x _[f j( —3x2+2)dx:x4—x3+2x+C.



Ma F(-1)=3 dod6 (-1)' ~(-1)’ +2.(-1)+C=3C=3

Cau 24: Dap an B.

Vi bai toan nay ta c6 thé bAm may tinh ra két qua la B. Tuy nhién t6i xin trinh
bay 1oi giai nhw sau:

Véi bai toan nay, ta ¢ thé st dung phuong phdp ddi bién bang cach dat

t=Ax*+1.

Loi gidi: D3t t =vx* +1 <t = x> + 1= 2tdt = 2xdx < xdx = tdt .

2 2
2
DGicin: x=0=t=Tx=+/3 =t =2 . Khi d6 1=j3t.tdt=3jt2dt=t31=7.
1 1

Cau 25: Pap an A

Phdn tich: Day la dang bai toan chutra tri tuyét d6i, do do ta chia khoang dé'bo
ddu tri tuyét d6i ttr d6 tinh tich phan:

Loi gigi: Ta c6

b 5 )\ (1 .
(1—5x)dx+j(x—1)dx =(x—5x2j§+(§x2—xj 1
1

0 =

O Cm—y 0 | =

1
J.(|3x - 1| —2|x|)dx =
0

!
_t.2_1

18 9 6 i

Trén day la cach lam dién giai, tuy nhién quy ddc gia c6 thé st dung mdy tinh,
va bi€u thi cua dau gia tri tuyét d6i trén may tinh la nat Abs mau vang hay

Abs rC
chinh la nat ﬂ

Quy ddc gia chon nut tri tuyét d6i bang cach an [SHIFT] + @ ttt d6 man hinh

sé hién nhu sau:

Math &

|E13-11-21% 10
11, 1E6EGEEEEY

Cau 26: Dap an C
sinx = u = du = cosxdx

bay 1a dang toan tich phan tiing phan, do d6 dat
edx=vdv=v=¢e"
T3 s 2
Khi @6 I =sinx.e*|2 — Iex.cosxdx =e? — Iex cosxdx
0 0 0

cosX =uU = du =—sinxdx L
. Khi do

Tiép tuc dat
efdx=vdu=v=¢e"

T

I=e2—|e".cosx

ex(—sinx)dx —e2+1-1 @Iz%(ez +1J.

SCt— s

S Na

Cau 27: Dap an A.
x=0

Loi gidi: Xét phuong trinh 3x —x* =0 < [ 3

X

Ghi nhé: Véi bai toan tich
phan chtta can dang nhu
bai toan bén, ta thuwong
dat can thirc thanh mot
bién mdi, tir d6 ddi can va
tinh todn dé dang hon.

Giai thich: Nut gia tri
tuyét déi ki hiéu la Abs
vi trong tiéng anh:
Absolute value: gia tri
tuyét déi.

Ghi nhé: Véi bai toan tich
phan dang c6 ca ham e*
va sinx hodc cosx thi ta
dat u, v bat ki, sau do dat
tiép lan thi hai, sau d6
thé I sé tim dwoc tich
phén ban dau.




Ghi nhé: Vi bai toan tich
phén tiing phan ta thuong
dat u=lnx, va biéu thitc con

lai léf(x)dx =vdv

3
Thé tich khdi tron xoay can im dugc tinh bang cong thitc V = nJ.(Bx -x’ )2 dx

3_81

3
=nj(x4—6x3+9x2)dx =7{1x5—§x4+3x j
J 57 2 0 10"

Cau 28: Dap an B
Phdn tich: Xét phuong trinh hoanh d¢ giao diém ta c
#0 :
Inx _ 0" < x=1.Khi d6 dién tich hinh phang can tim duoc tinh
2Jx Inx=0
bang cong thuc:

S= j \/_

Nhéan thay day la dang tich phan tirng phan, do d6 ta dat

lnx

"

Inx

dx Nhan thdy véi x e [1 e] th1 >0.Dovay S= I

u=1nx:>du=ldx
x

de=vd2):>v=\/;
2x

Khi dé S=+/x.Inx i—

—2-+e.

Cau 29: Pap an A

Loi giai:

Phuwong dn A: (\/E+ 2i) —(\/E— i) =3i . Day la s0 thuan 4o, chon A ma khong

e e -1 1
J‘\/;.ldx =\/_—.[x7dx=«/_—2.x5i =\/_—2. e+2
1 X 1

can xét cac phuwong an con lai.

Cau 30: Dap an D

Loi gidi: z=(1-i)(3+2i)=3+2i-3i—2i*=3+2-i=5-i. Do d6 s8 phtic
lién hop ctia z la z=5+i.

Cau 31: Pap an C

Loi gidi: Ta c6

3 Y. ) 1P 2o a=
|z|—1<:>‘a+(a 1)1‘ l1<a +(a 1) 12" -2a=0 1=1

Cau 32: Pap an A
Loi gidi: Ta 6
= (1+2i) (1-i)=(4i* +4i +1)(1-i)
=(—4+1+4i)(1-i)=(-3+4i)(1-i)=1+7i . Khi d6, md dun cua z 1a
|| =1 +7% =50 = 52.
Cau 33: Pap 4n C
Ta 4p dung tinh chat sau: Diém biéu dién s6 phitc z=x+yi (x,y €R) trong
hé toa d6 Oxy la M(x,y).

y S T N . 53 _n:
Mat khac " 2 21,(1 1)(1+21) 3+1; 21" =2i



Do d6 ta lan lugt tim dugc toa do cac diém A, B, Cla: A(-2;-2);B(3;1);C(0;2)

Khi d6 ta c6 AB=10; AC =2+/5;BC =10 va AB?+BC* = AC> do d6 tam giac
ABC vudng can tai B.

Cau 34: Bap an D.
Loi gigi: V6i bai toan c6 ca z ca z ta thuwong dat z=x+yi, (x,y € R) .

Khi d6 phuwong trinh dé bai cho tr¢ thanh:

-3

4x=-3 -2

x+yi+3(x—yi)=(1+2i) < dx—2yi=-3+4i :{—;y=4:> T
y=-2

Cau 35: Bap an C.
Phan tich: O day dé bai thiéu quy woc R 1a ban kinh ctia hinh tron 16n. Ta ¢6

> 1 R\2

nR* =5; va nr2=§, khi @6 r—2=—:>r
2 R 2 2

Cau 36: Dap an B
Ta c6 hinh vé vdi cac ki hiéu nhw hinh bén:

Nhén thdy day la hinh chép tt giac déu nén, SO la duong cao ctia khéi chop.
Khi d6, dé tinh khoi chop, ta di tim d¢ dai SO. Mt khac ta c6 tam gidc SOA
a

2
2

Vay SO=+/SA> - AO? =4,a2—% =§.

a2 a2

S 2

"6

vuong tai O c6 OA = —= ( do tam gidc AOD vuodng can tai O).

.a

Thé tich khoéi chop la V =%
Cau 37: Pap an D

Téng dién tich xung quanh cua ba qua bong la S, =3.47R* ( v6i R 1a ban kinh
ctia khai cau).

Dién tich xung quanh ctia hinh try la: S, = (2nR).3.2R =12nR* . Ttr day suy ra
S,

SZ

Cau 38: Dap an B

Bdi todn tong qudt:

D’ —C

Giai thich: Hinh chép tt giac
déu c6 duong cao la duong
ndi dinh cta hinh chép véi
tam ctia da giac day.

Ghi nh¢ cong thic:

Hinh hép chit nhat c6 3
kich thudc Ian luot 1a a, b,
¢ thi d6 dai duong chéo la

Nai+b? +c?.




Ta c6 tam gidc A’B'C’ vudng tai B’ nén A'C'=+yA'B?+B'C? =+Jb? +¢*

Tu’cmg tg  véi  tam gidc  A'AC  vudong tai A’ nén
C'=JA'A*+ A'C? =Na? +b* +* .

Céu 39: Pap an D

Ta ¢ SA L (ABCD)=(SC,(ABCD))=SCA =45°

Goi I 1a trung diém cta canh AD, tac6 CI L AD,CI L SA=CI 1L SD.

Ké CJLSD= ]I LSD= gbc giita mit phing (SAD) va (SCD) chinh la

Cll=o.
Tam giac ABC vudng can tai B = AC=a\2. Tam giac vuong SAC co
SCA =45°, do d6 SA=AC=a2. Lai c6 tam gidc DAS dong dang vdi tam
giae DJI, tir d6 ta c6 JI = —=

Nk
CI=a;]I=L:>tanoc=g=\/§:>0c=60°.

NG 0
Cau 40: Dap an A.
Ki hiéu nhw hinh vé: Véi H la trung diém ctia AC, G la trong tam cta tam
gidc déu ABC. Khi d6 ((SAC),(ABC))=60°=SHG
Ta c6 tlt khéi niém vé hinh chép t& giac déu t6i da dwa ra 6 phan note phia
trén, ta cé duong cao ctia khdi chép tam giac déu chinh 1a doan thang ndi dinh
cua khdi chép xudng tam ctia tam giac déu ( tam G).

1 a\/_ a\/_

Ta c6 GH = 32 g Do AG 1a duong cao ctia khéi chdp nén tam giac

Tam giac vudng JIC co6

— . Khi d6 thé tich ctia

SGH vuong tai G. Suy ra SG =GH.tan 60° = 11\/_ J__
2B a_ a3

a
2 2 24

khéi chép 1a V =

I\Jlr—\

1
3
Cau 41: Pap an C
Thiét dién qua truc ctia hinh nén la tam gidc déu canh 64, nén hinh nén cé6
duwong sinh SA=SB=1[=6a va c6 ban kinh day la R=3a.

Ta ¢6 hinh vé bén:

Dién tich tam gidc SAB bang S = %.SA.SB. sin 30° = %.6a.6a.% =9a°.

Cau 42: Dap an A.

Ta 6 BC 1 AB;BC 1SA=BC1SB. Ha AM LSB; k¢ MN|BC(NeSC)
= MN 1 SB=(AMN) LSB;

MN L AM. Tinh dién tich thiét dién AMN lé tam giéc Vuéng

Ttr tam gidc vuong SAB ta tinh duwgc AM = —;SM =—;SB = a+/5. Tam giac

\/g x/g
42 1 4032 20 4a*\10
5 5 5 25

SBC c6 MN||BC, suy ra MN =

AMN —

N |

Cau 43: Dap an D
Véi phuong an A: Ta c6 ab=-1.1+1.1+0.0=0. Vay A dtng.
Vi phueong 4n B: ta ¢d H =12 +1? +1*> =43 . Vay B dting.

Véi phuong én C: Ta c6 “;H = /(—1)2 +1> +0% =+2 . Vay C dting. Chon D

Cau 44: Dap an D.



Do mit phang can tim song song véi hai duong thang cho triedc nén vipt ctia
mat phang can tim vudng goc véi vtep ctia hai duong thang da cho, do dé
;l=|:;ll,;lz:|=(—5;6;7).

Doc thém: Cach bAm may tinh t6i da gidi thiéu trong bd dé tinh tiy 2017.

Cau 45: Pap an C

Nhin vao d4p 4n ta thay tat ca VP déu bang 53, do d6 dit kién A 1a thira, vi
minh khong can tim ban kinh. Do vay chon C.

Cau 46: Dap an D

Bai toan quen thudc ctua phéan bai tap Oxyz.

Tacoé AB= (4_,' -5; 1), AC = (3; —6; 4) . Vay vtpt cua mat phéng (ABC) la

n=| AB, AC |=(-14;-13;-9) =-1(14;13,9).
Mit phing (ABC):14(x—1)+13(y —6)+9(z—2)=0
<(ABC):14x +13y +9z-110=0
Cau47: Dap an A

1+2t=7+3m
Ta nhan thdy hé phuong trinh -2 — 3t =-2 + 2m v6 nghiém.
5+4t=1-2m

Do d6 ta chon A.
Cau 48: Pap an B
Tacé AB=(-1,-1;4),BC=(3;7;-1)
- AB.BC -1.3+(-1).7 +4.(-1
cos(AB,BC):ﬁ'BE = +( ) i ( ) :_7\/E
e N N e N
Cau 49: Pap an A
Thuc chit day 1a bai todn tim khoang cach mot diém dén mot mit phing.

Trudc tién ta tim phuwong trinh (ABC). Sau d6 4p dung cong thitc khoang
céch tinh khoang cach tir D d&n mit phang (ABC)hay chinh la d dai duong
cao cua tir dién.

Loi giai: Ta c6 AB=(2;-2;-3), AC=(4;0;6).

Tuong tw nhu bai 46 ta c6 n=| AB, AC |=(-12;-24;8) =4(-3;-6;2).

Khi d6 phurong trinh (ABC) 1a —3x — 6y +2z +22=0.

|-3.(-5) - 6.(~4) + 2.8+ 22| >

J(=3) +(-6) +2°

Khi d6 h=d(D,(ABC))=

Cau 50: Dap an C.

Goi I(x,y,z) , RIan luot 1 tAm va ban kinh mét cau ngoai tiép tit dién ABCD.
Ta c6 IA=IB=IC=ID=R. Ta duoc hé phuong trinh: tit IA=IB ta duoc
(1—x)2 +(1—y)2 +(1—z)2 :(1—x)2 +(2—y)2 +(1—z)2

o y=2. Tt d6 im dwge x=z=2
2 2

Ghi nhé: Cong thitc cosin
gitra hai vecto & tit s&
khong co tri tuyét doi.




© Ditng bao gid phdn 6t ngudi khac

M0t bc st buede rit vdi vao bénh vign sau khi anh &y nhin cudc goi vé mot ca phdu
thugt khan cdp. Nguwoi bdc si thay trang phuc rat nhanh roi di thang vao khu phiu
thudt.

Anh @y nhin thiy cha cdu bé dang bon chon ¢ khu vwc cho ciia bic si. Ngay khi
nhin thdy anh , nguoi cha hét lén: "Sao gio nay dng méi dén? Co biét la mang song
con trai toi dang rdt nguy hiém hay khong? Ong khong cd bat ki f thikc trach nhigm
nao hay sao!?”

Vi bdc si mim cwoi r6i ddp lai: "Toi xin 16i, t0i khong c6 mdt & trong bénh vién
nhirng t6i da dén nhanh hét mikc c6 thé’sau khi nhdn dwgc cudc oi tir dong nghiép,
con gio anh hay binh tinh dé't6i co thé'lam cong viéc ciia minh.” "Binh tinh w!? Néu
bdy gio nguoi nam trong phong dé la con trai dng thi ligu ong cé binh tinh duwoc
khong? Néu con trai 6ng chét trong khi doi bdc si toi thi 6ng sé dinh lam gi ddy?”,
nguwoi cha noi trong sy gidn giir tot do.

Vi bdc st mim cuedi mot [in niva r6i ddp lai, "Thé c6 Chila, chiing téi sé cd'giang hét
siec, anh ciing nén cau nguyén cho cudc song ctia con trai minh thi hon.” "Duea ra 10
khuyén v6i nhitng chuyén chd lién quan gi t6i minh bao gio chd dé dang”, nguoi cha
thi tham.

Cudc phau thudt mat vai gio dong ho sau do, bic si ra khoi phong phdu thudt trong
niém hanh phiic : "Cam ta Chiia!, con trai anh dwoc cieu v6i!” Va khong cho ciu tra
loi tir nguoi cha, "Néu ong mudn hoi diéu gi, hiy hoi y ta!”, néi r6i vi bdc s7 tién
thang va roi khoi bénh vién. ”Sao éng ta lai cao ngao dén thé'chir? Ong ta khong them
danh vai phiit dé't6i héi vé hién trang cua con trai minh nita chir” NQuoi cha néi véi
c0 y td sau vai phiit vi bdc si roi khoi bénh vién.

Cé y td trd loi vi hang nwdc mdt tudn trao trén khudn mdt c6: “"Con ong 4y da
qua doi trong mot vy tai nan giao thong ngay hom qua, 6ng dy dang mai ting thi
chiing t6i di goi ng dén dé’phau thudt cho con trai anh. Va by gio sau khi civu song
con trai ctia anh, éng lai quay vé dé’lo hdu sw cho con trai yéu quy ciia minh.”

Diing bao gio phdn xét bat ki ai.....bdi ban khong bao gio biét cudc song
ctia ho nhu thé' ndo va nhiing gi ho dang trdi qua...
(Nguon: Sweu tam)
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PE THI THU THPT QUOC GIA NAM 2017
TOAN HOC TUOI TRE LAN 5 Moén: Toan
Thoi gian lam bai: 90 phat

Céau 1: Cho ham s8 y =ax* + bx* + ¢ ¢6 d6 thi nhw hinh bén. Xac dinh d&u cua 4,b,c.
A.a>0,b>0,c<0 Ay
B. a>0,b<0,c>0
C.a>0,b<0,c<0 \ /

D. a<0,b<0,c<0 \O/\/ X

Céu 2: Cho ham s8 y =ax’ +bx” +cx+d(a=0) laham 1¢ trén R. Khi d6 khang dinh nao sau day la diing?

A.b=0 B. d=0 C.b=d=0 D. b* —4ac>0
Cau 3: Cho ham s6 y =—x" +2x* + 3 ¢ gid tri cuc dai va gid tri cuc ti€u lan luot 1a y,,y,. Khi dé:
A. 2y —y,=5 B. y, +3y,=15 C.y, -y, =243 D.y +y,=12
Cau 4: Choham so f (x) xac dinh va lién tuc trén R\ {—1} , ¢6 bang bién thién nhu sau:
b —o0 -1 +00
f(x) 5 \ +00 \
—0 2

Khang dinh nao sau day 1a khang dinh dung?

A. Phuong trinh f (x) —4 =0 c6 dung hai nghiém thyc phan biét trén R\ {—1}

B. Trén R\ {—1} ,ham s8 c6 gié tri Ién nhat bang 5 va gia tri nho nhat bang 2

C. D6 thi ham s6 c6 hai tiém can ngang y =2,y =5 va mdt tiém can dung x=-1

D. Ca A va C déu dung
x=2
2x+1
A. D6 thi ham s& cit truc tung tai diém A(O; —2) va cit truc hoanh tai diém B(Z;O)

Céau 5: Choham s0 y = . Khang dinh nao sau day 1a khang dinh dung va day du nhat?

B. Khong cé tiép tuyén nao ctia d6 thi ham s6 di qua diém [ {—% ,%j

C. Ham s8 dong bién trén mdi khoang (—oo;—%j , (—% ;+ooj

D.Ca A, B, C déu dung
Cau 6: Cho ham s6 f(x)zx4 —2x* —1. Ki hiéu M = max f(x), m = min f(x) Khi d6 M —m bang:

xe[0;2] x<[0;2]
A.7 B.9 C.5 D. DBép s6 khac
Cau 7: Vi gia tri nao ctia m thi duong cong (C ) Y= x*+3x% +1 cit duong théng (d) :y=>5" tai ba diém
phan biét?
A.1<m<5
B. 0<m<1
C. 0<m<5

D. Khong c6 gid tri nao cua m théa man yéu cau cta dé bai
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Cau 8: Tim m d& moi tiép tuyén ctia &6 thi ham s8 y = x* — mx® — 2mx +2017 déu la d6 thi ctia ham s6 bac

nhat dong bién.
A. 6<m<0 B. 24<m<0 C. —§<m<0 D. 6<m<0
A . e L (m+1)x—2m+1 R Lo .
Cau 9: Tim m dé do thi (H ):yz n khong c6 tiém can ding.
x_
A.m=2 B. m=1 C.m=-1 D.mz%

Cau 10: Cho hinh nén tron xoay (N ) c6 dinh S va ddy 1a hinh tron tdim O béan kinh 7 nam trén mat phang
(P), duong cao SO=h. Diém O' thay d6i trén doan SO sao cho SO'=x (0 <x< h). Hinh tru tron xoay
(T) c6 ddy thir nhat 1 hinh tron tim O bén kinh 7' (0<7'<r) ndm trén mit phang (P), day thi hai la
hinh tron tim O' bén kinh ' ndm trén mit phang (Q), (Q) vudng géc véi SO tai O' (dudng tron day
thit hai cua (T) la giao tuyén cua (Q) véi mét xung quanh ctia (N ) ). Hay xac dinh gia tri cia x dé thé
tich phan khong gian nam phia trong (N ) nhung phia ngoai cua (T) dat gia tri nho nhat.

A.leh B.leh C.xzzh D.leh
2 3 3 4

2P +3x+m+1

Cau 11: V6i gié tri nao ctia m thi ham s& f(x) dong bién trén tap xac dinh.

x+1
A. m<0 B. m<0 C. m=0 D. m=-1
Cau 12: Cho 9* +97* =23. Tinh 3" +3™.
A.5 B. 45 C.3 D.6

Cau 13: Chon khang dinh sai trong cac khang dinh sau day.
A. Néu ba s6 thuc x,y,z cé tong khong doi thi 2016%,2016%,2016" c6 tich khong doi
B. Néu ba s0 thuc x,y,z theo thit tee 1a ba s6 hang lién tiép trong mdt cdp s6 nhan thi logx,logy,logz
theo thit ty la ba s6 hang lién ti€p trong mdt cdp s6 cong
C.Pao ham ciaham s6 y = ln|2x —1| trén R\ {1} la y'= 2
2 2x -1
D. Mbi ham s6 y =a",y =log, x dong bién trén tap xac dinh khi a>1 va nghich bién trén tap xac dinh

khi 0<a<1 (a la hing sd)

Cau 14: Tap xac dinh ctia ham s6 y = % la:
e’ —e

A. R\ {10} B. [ 10;+c0) C. (In10;+0) D. (10;+0)
Cau 15: Diéu nao sau day dua dé suy ra Ya=b?

A. 3=log, B.b=3a C. @ =1 D. 6bi3=1
Cau 16: Diéu nao sau day khong du dé suy ra log, x +log, y =107

A, y=2"7"%" B. log, (xy)=10 C. log,x* +log,y> =30 D. x=2""®"
Cau 17: Ham s nao sau day ¢6 dao ham la: y'=3"In3+7x°?

A y=3"+x B. y=3"+7" C.y=x"+x" D.y=x"+7"

Cau 18: Phuwong trinh log, x+log, x+log, x +log,x= log,x+log, x+log, x+log,x cé bao nhiéu
nghiém?
A.2 B. 4 C.3 D.1



Cau 19: Cho a=log,, 3,b=1log,, 5. Biéu dién log,, 1350 theo a va b.

A. a+2b+1 B. 2(a+b) C. 2a+b+1 D. Két qua khac
Cau 20: Gidi phuong trinh 3*2" =1. Loi giai sau day sai bat dau tir budc nao?
Budc 1: Bién ddi 3°2" =1 3"(2') =1
Budc 2: Bién déi 3(2') =1 (32') =1
Bude 3: Bién doi (3.2°) =1 (3.27) =(3.2)

~ e x \0

Budc 4: Bién d6i (32°) =(3.27) < x=0
Budc 5: Két luan: Phuong trinh da cho c6 nghiém duy nhat x=0

A. Budc 2 B. Budc 3 C.Ca5buwdcdéu dung D.Budc 4
Cau 21: C4c loai cay xanh trong qua trinh quang hop sé nhan duoc mét lwong nho cacbon 14 (mot dong
vi cacbon). Khi mét bo phan ctia cay d6 bi chét thi hién tuong quang hop cling sé ngung va né sé khong
nhén thém cacbon 14 nira. Lwong cacbon 14 ctia bd phan d6 sé phan htty mét cach cham chap, chuyén hoa
thanh nito 14. Goi P(t) la s6 phéan tram cacbon 14 con lai trong mot bd phan cua mot cay sinh trudng tir

t

t nam trudc day thi P(t) dwoc cho boi cong thirc: P(t) = 100.(0,5)ﬁ (%) Phan tich mot mau gb tir mot
cong trinh kién tric ¢8, nguoi ta thay lwong cacbon 14 con lai trong g6 1a 65,21(%). Hay xéac dinh nién dai
cua céng trinh kién trac do.

A. 3574 nam B. 3754 ndm C. 3475 nam D. 3547 nam
Cau 22: Cho cac ham f(x),g(x) ¢c6 dao ham lién tuc trén doan [a;b}. Khi do:

Jr0) =) )] -5 s
F(8)g ()= (<)) (s
(3)s(ate=(1()e()

f(x)g'(x)ax = £ ()2 (x) = [ £ (x) g (x)ax

a

>

=

— o D —

0
'\h

S

Dy [ —— T R
2

1

Jiex
A F(x)=In(x+\T+x" ) +C B. F(x)=In(1+V1+2 | +C

C. F(x)=+1+2% +C D. F(x)=—=2—+C

V1+x?

Cau 24: Cho mach dién nhu hinh vé duéi. Luc dau tu dién c6 dién tich Q, (c). Khi

Cau 23: Ham s8 nao dudi day 1a nguyén ham ctia ham s f(x)=

trén khoang (—oo,- +oo) ?

dong khoa K, tu dién phong dién qua cudn day L. Gia sit ceong do dong dién tai
thoi diém ¢ phu thudc vao thoi gian theo cong thiec =1 (t) =Q,m» COS((Dt) (A), trong
dé o (rad/s) la tan sd goc, >0 cd don vi la gidy (s) Tinh dién lugong chay qua
mot thiét dién thang cua day tir lic bét dau déng khoa K (t=0) dén thoi diém
t=6 (s)

A. Q wsin(60) (C) B. Q, sin(60) (C) C. Q,mcos(6w)(C) D. Q, cos(6w)(C)
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Cau 25: Tinh tich phan I = j(tanz x + tan* x)dx.
0

=¥ B. =13 C.I:% D. Dép s8 khac
CAu 26: Cho [ = j Inxdx. Khi d6:
1

e
1

A. I=(xlnx+x)‘i B. I:(xlnx—l)‘i C. Iz(x(lnx—l))‘i D. I:(ln;x]

Cau 27: Tinh dién tich hinh phang dwoc gidi han bdi d6 thi ham s8 y = x°, truc hoanh va hai duong thang

x=-1,x=2, biét rang moi don vi dai trén cac truc toa d¢ la 2cm.

3 ) _15 17 3 )
A. §=15(cm’) B.S=- (cm ) C. 5=~ . (cm ) D. §=17(cm’)
A 7 o A2 7 0 1 1 1 2 1 n
Cau 28: Rat gon bieu thic: T=C +-C +—-C. + +—C ,neN.
2" 3" n+1
n no__ n+1_
A T= 2 B. T=2"" C.T:2 1 D.T=2 1
n+1 n+1 n+1

Cho hai s6 phirc z, =1—1,z, =3+ 2i. Tra l0i cic cdu hoi tir Cau 29 dén Cau 32.
Cau 29: Phan thuc va phan ao ctia s8 phtic z,.z, twong ting bang:
A.5val B.5va —i C.5va -1 D.4val
Cau 30: Tim modun cua s6 phtie z_1 -2z,
A5 B.5 C. V13 D. V2
Cau 31: Trong mit phang Oxy, goi cac diém M, N Tan luot 1a diém biéu dién s§ phtic z,,z,, goi G la

trong tam ctia tam giac OMN, véi O 1a gdc toa d6. Hoi G 1a diém biéu dién ctia s phitc nao sau day?

A.5-1 B. 4+i C.é+1i D.2+1i
3 3 2
Cau 32: Tim s6 phttc z théa man z.z, +z, =0.
A.z:—1—§i B. z= 1—51 C.z:1+§i D.z:—1+§i
2 2 2 2 2 2 2 2

Cau 33: Xét phuwong trinh z°® =1 trén tap sd phtc. Tap nghiém ctia phuong trinh la:
A. S={1} B.S= { = I} C.S= {1 —1+£} D. S= {—Li}

Cau 34: Cho s6 phtic z thdéa man |z - 4| + |z + 4| =10. Gia tri lon nhat va gia tri nho nhat caa |z| [an luot la:

A.10va 4 B.5va4 C.4va3 D.5va3
Cau 35: Mot hinh chdp c6 2x1998 canh thi ¢ bao nhiéu mat?

A. 1999 B. 1998 C. 2000 D.Ca A, B, C déu sai
Cau 36: Khoi tru tron xoay ¢6 dueong cao va ban kinh day cling bang 1 thi thé tich bang:

A B. n C. %n D. 2n

Cau 37: Cho khdi chép S.ABC c6 SA=9,5B=4, SC=8 va d6i mot vudng goc. Cac diém A',B',C' thda
mén SA=2.5A",SB=3.5B',5C =4.5C". Thé tich khéi chép S.A'B'C' la:
A.24 B. 16 C.2 D.12



A Ao v .7 (A Y 2 ’ M \ 7 A g7 \ 9 \ A N e X
Cau 38: Khoi lang tru tam giac déu co tat ca cac canh bang nhau va c6 theé tich la " thi d6 dai moi canh

bang;
A. §243 B. 3 C.3 D. Dap s6 khac
Céu 39: Cho ABCD.A'B'C'D' la hinh lap phuong c6 canh a. Tinh thé tich khéi t dién ACD'B'.

1, B. a3\/§ a’ D 113\/6

A. —a C. —
3

3 4 C 4

Cau 40: Mbt vién d4 c6 dang khdi chdp i giac déu véi tat ca cac canh bang nhau va bang a. Nguoi ta cira
vién d4 d6 theo mat phang song song v6i mit day ctia khdi chép dé chia vién d4 thanh hai phan c6 thé
tich bang nhau. Tinh dién tich thiét dién vién da bi ca bdi mat phang néi trén.

2 a2

a
A. \/5 B. 2/5 C.
Cau 41: Trong cac ménh dé sau, ménh dé nao sai?
A. Mbi khoi da dién déu 1a mot khéi da dién 16
B. Hinh chép tam gidc déu la hinh chép c6 bon mait la cac tam gidc déu

D. Két qua khac

Qdm
e~ [N}

C. Chi c6 nam loai khoi da dién déu

D. Mdi canh ctia hinh da dién 1a canh chung ctia ding hai mat
Cau 42: Mot hinh tru c6 tdm cac day la A, B. Biét rang mat cau duong kinh AB ti€p xtic v6i cac mat day
cua hinh tru tai A, B va tiép xtc véi mdt xung quanh cta hinh tru d6. Dién tich ctia médt cau nay la 16m.

Tinh dién tich xung quanh ctia hinh tru da cho.

A. 16n B. 16n C. 8n D. 8n
3 3

Cau 43: Tim m d€ goc gitra hai vecto: U= (1;10g3 5;log,, 2),;) = (3; log 3;4) la géc nhon. Chon phuong an
dung va day du nhat.

A.m>%,m¢1 B. m>1 hoac 0<m<% C.O<m<% D. m>1

A . Ao TN A . , \ 2 x-1 y+2 =z

Cau 44: Vecto nao sau day la mot vecto chi phuwong ctia duong thang A: 4 "1 5

A u, =(11;2) B. u, =(-1,2;0) C. u,=(-2;2;-4) D. u, =(1L,-2;0)

Cau 45: Cho hai diém A( ) (1 -1; —4) Phuong trinh ctia mat cau (S) duwong kinh AB la:

A x*+(y- ) (z+2) B. (x+1)2+y2+(z+4)2:5

C.(x+1) +y* +(z-2) = D. (x-1) +y* +(z+2)' =5
Cau 46: Cho hai vecto 1= (3; m;O),{J = (1;7 —Zm;O) lan luot 1a vecto phap tuyén ctia hai mt phing song
song. Khi d6 gid tri ctia m la:

A.2 B.1 C.0 D. Bap s6 khac
Céau 47: Cho diém M (a;b;c) véi a,b,c 1a céc hing s khac 0, O(0;0;0) 1a gdc toa dd. Goi A, B,C Ian luot
la hinh chiéu vuong goc ctia M trén cac truc toa dd Ox, Oy, Oz. Thé tich khdi t dién OABC la:

A. labc B. 1|abc| C. 1|abc| D. 1|abc|
6 6 3 2

Cau 48: Cho diém M(l; 2; —1). Viét phurong trinh mit phing (oc) di qua goc toa do O(O; 0;0) va cach M
mot khoang 16n nhat.

A. x+2y-z=0 B.2+Z+ 21 C.x-y-z=0 D. x+y+z-2=0



x=1+t
Cau 49: Tim diém M trén duong thang d:1y=1-t sao cho AM = J6, véi A(O; 2,'—2).
z=2t
A. M(1,1;,0) hodc M(2;1;-1)
B. M(1;1;0) hodc M(-1;3;-4)
C. M(-1;3;-4) hodc M(2;1;-1)
D. Khong c6 diém M nao théa man yéu cau cua bai toan
x=2-t
Cau 50: Cho mdt cau (S):x2 +y* +2° —2x+4z+1=0 va duong thang d:{ y=t . Tim m d& d cat (S)
z=m+t
tai hai diém phan biét A, B sao cho cdc mit phang tiép dién ctia (S) tai A vatai B vudng gdc véi nhau.

A. m=-1hodc m=—4 B. m=0 hoac m=—4 C. m=-1 hodc m=0 D. Ca A, B, C déu sai



DAP AN VA LOI GIAI CHI TIET

1C 2C 3A 4D 5D 6B 7B 8D 9A 10C
11C | 12A | 13B 14D | 15A | 16B 17A | 18D | 19C 20B
21D | 22A | 23A | 24B 25B 26C | 27D | 28D | 29C | 30A
31C | 32D | 33C | 34D | 35A | 36B 37C 38B | 39A | 40D
41B 42B 43B 44C | 45D | 46D | 47B | 48A | 49B | 50A

Caul: Dap an C

Phén tich: Do d6 thi ham s& ¢6 dang chit W ( meo) nén c6 hé s6 a>0;b<0.
Nhan thdy véi x=0 thi y am. Do d6 ¢<0.

Cau2: Pap an C

Phin tich: Tt dinh nghia da duoc note ¢ bén canh thi ta thdy d€ ham s6

Dinh nghia: ham s6

y=ax’ +bx’ +cx+d(a=0) laham 1é trén R thi f(x)=—f(—x) y = £(x) xdc dinh trén
& ax® +bx? +ex+d= —(—ax3 +bx? —cx+d) b +d=-bx?*—d mién D, y = f(x) 1a ham
o e s61é trén D néu véi moi
< 2bx* +2d=0. D€ thoa man yéu cau de bai thi b=d=0. xeD thi —xeD thoa
Cau 3: Pap an A man f(x)=—~f(-x)

Phin tich: ta Ian lugt di tim gia tri cwec dai va cuc ti€u cia ham sd béng
cach lay dao ham.

x=-1
Loi gidi: ta co y'=—4x’+4x=0<|x=1 . Ta thady day la ham s& bac bén
x=0

trung phuong c6 hé s6 a=-1<0va cd ba diém cuec tri, tir day ta suy ra
ham so6 dat cuc dai tai x=-1;x=1. Ham s0 dat cuc tiéu tai x=0. Khi d6
v, =y(1)=y(-1)=4, y, =y(0)=3. Tx day suy ra A ding.

Cau 4: Dap an D.

V6i phweong dn A: Ta thdy s6 nghiém ctia phuong trinh f(x)-4=0 la s
giao diém ctia d6 thi ham s6 y = f(x) va dudng thang y =4. Khi nhin
vao BBT ta thay duong thang y =4 cat d0 thi tai hai diém phan biét. Vay
A dung, tuy nhién ta chwa v§i khoanh vi nhin phuwong an D ta thay n6i
ca A va C dung nén ta xét luén C ma khong can xét B.

V6i phuwong dn C: Ta thdy lim f(x)=-o0 va lim f(x)=+0 nén x=-1la

PENE X1
tiém can ding ctia d6 thi ham sd y = f (x)
Tiép tucta cd lim f(x)=5; lim f(x)=2 nén y=2;y=>5 la hai tiém can
ngang cta do6 thi ham s da cho. Do vay C dung. Ta chon luén D ma
khong can xét B ntra.
Cau 5: Dap an D.
Vi phurong dn A: Ta thdy A(0;-2) va B(2;0) ding la giao diém ctia d6 thi ham

s0 da cho vdi truc tung va truc hoanh.



Véi phirong dn B: Ta thay véi x = _% thi phuong trinh ti€p tuyén ctia ¢ thi ham

5

s8 da cho khong xac dinh. Do hé s6 géc ctia tiép tuyén lak = f'(x, )= —— .
(2x0 + 1)
Vay B ding. Bén day ta khong can xét C va D nita, vi ca A va B déu dung, ta
khong thé chon 2 dap an, do vay ta chon D.

Cau 6: Dap an B

Phdn tich: D€ hoc nhanh vdi viéc tim GTLN, GTNN tdi trinh bay cac budc nhu
sau:

Ghi nhé:

1. Xét tinh don diéu trén
doan ( khoang) dang xét.
2. tim nghiém cua
phuong trinh y' =0 hodc
GT lam cho y’ khong xac
dinh.

3. So sanh.

1. Xét xem ham s6 ¢ don diéu trén doan dang xét khong, néu né don diéu thi 1ay ludén
GTNN, GTLN 6 cac diém dau mut. Néu né khong don diéu, tiép tuc xét dén budc 2.
2. Tim nghiém ctia phwong trinh ' =0 hodc cac gia tri lam cho y' khong xac dinh.

3. So sanh cac gia tri.

Ghi nhé:

D€ mét phuwong trinh (*)
bat ki thoa man vdi moi
bién x thi dit x lam nhan t&
chung ttr d6 tim diéu kién.

O day cac budc lam dién giai ra thi dai, tuy nhién khi vao bai ta ¢ thé tw duy

nhanh nhw sau:

Loi giai: Tacé y' =f'(x)=4x3 —4x & x=0;x=1x=-1. O day ta dang xét

doan [0; 2] nén ta sé xét f(O);f(l);f(Z) . Ttr day ta dwoc

M-m=f(2)-f(1)=7-(-2)=9.

Cau 7: Pap an B.

Ta thiy ham s8 y =x” +3x” + 1 1a ham s8 bac ba, nén dé€ d thi ham s& (C) cat

duong thang d tai ba di€ém phan biét thi d6 thi ham sd (C ) truedc tién phai co

hai diém cuc tri.

. ) x=0=>y=1

Taco y'=3x"+6x=0<
x=-2=y=5

D& dd thi ham s (C) cit dudong thing d tai ba diém phan biét thi

1<5" <5=0<m<1

Cau 8: Pap an D.

Phin tich: Ta thay ti€p tuyén ctia do thi ham s8 y = f(x) tai diém x =x, luén

co dang yzf'(xo)(x—xo)Jrf(xo). Mat khac, ham s6 bac nhat y=ax+b voi

a#0 luon dong bién khi a>0. Do d9, bai toan tro thanh, tim m dé f' (x) >0voi

moi x.

Loi gidi: Ta c6 f'(x)=3x" —2mx—2m . D& f'(x)>0 v6i moi x thi

{A'z(—m)2+6m<0 PN

3>0
Cau 9: Dap an A.
Phan tich: Ta thdy ham s6 da cho c6 thé 1a ham phan thitc hoac khong, tuy
nhién d€ d6 thi ham s da cho khong c6 tiém can dang thi ham s da cho
khong phai ham phan thirc, tire 1a da thiic ti s6 rat gon cho da thirc mau s6.
Loi giai:
D€ théa man yéu cu dé bai thi (m+1)x—2m+1=k(x—1) véi keZ.




Phuong trinh teong duong voi x(m +1- k) —2m+1+k=0.D¢€ thoa man véi

m+1-k=0 m=2
=3 .

2m+1+k=0 k=3

Cau 10: Bap an C

Phin tich: Ta c6 hinh vé sau:

Dé bai yéu cau tim x dé€ phan khong gian nam phia trong (N ) nhung phia

moi x thi {

ngoai (T) dat gia tri nho nhat, twong duong voi tim x dé€ thé tich khoi tru (T)
dat gia tri 16n nhat. ( bai todn nay twong tw nhuw bai toan vat mi tdbm ma toi da
gioi thiéu ¢ cau 11 dé 6 trong sach b dé Tinh tiy mon toan 2017). Nén ¢ day
toi sé trinh bay 10i giai luon.

Loi giai:
Ap dung dinh 1i Thales ta cé: % Loy :% .
r

Khi d6 ta c6 cong thiic tinh thé tich ctia khéi trula V = f(x) =TC(1"')2 (h—x)
2
=nr—2.x2.(h—x).
2
Khi d6 f'(x)z%(2hx—3x2)=0c>x=% do x>0.Dén day ta chon C.

Cau 11: Pap an C
Phdn tich:Nhan thdy néu ham s6 da cho ton tai 6 dang phan thitc thi ham s6 sé

khong thé dong bién trén tap xac dinh duoc, boi tap xac dinh cua ham sé la
Ghi nho:

D€ mét phuong trinh
(*) bat ki thoa man v6i

mot tap hop s6 khong lién tuc gom hai khoang 1a (—oo; —1) va (—1; +oo) .bay la
phén ma t6i da chu y rat nhiéu trong sach Bo dé Tinh Ty 2017, cu thé la trong
sach toi da ghi ro: “O) sach gido khoa hién hanh, khong gidi thiéu khai niém L N

. . N " o . Y . o I S a moi bién x thi dat x lam
ham s6 ( mot bién) dong bién, nghich bién trén mot tap s6, ma chi gioi thiéu nhan ti chung t 46 fim
khai niém ham s& ( mét bién) dong bién, nghich bién trén mot khoang, mot didu kién.

doan, ntra khoang ( ntta doan).”

Do vay, néu da thitc tt s§ ¢ thé rat gon cho da thic & mau s8 thi ham sd tro vé
ham bac nhat c6 hé s a=2>0 nén luén dong bién trén tap xac dinh la tap R.
e N & 2x° +3x+m+1 ., A A .
Loi gidgi: Dé ham s6 f (x) == el 1 i dong bién trén tap xac dinh thi da
X+
thirc tir sO chia hét cho da thirc & mau s0, tic 1a:

(2x+a)(x+1)=2x2 +3x+m+1 véi moi x.
<:>(2+a)x+a=3x+m+1 <:>(a—1)x+a—m—1=0.Per0ng trinh nay thoa

a-1=0 {azl

man véi moi x khi =
a-m-1=0

m=0"

Cau 12: Pap an A.

Loi giai:

Tacd 9 +97 =23 3% 12337 +3% =2342

(3" +37) =25=3"+37 =5 (do VT luén I6n hon 0).
Cau 13: Pap an B

Sai lam: Nhiéu doc gia
2
nghi (3" +37) =25

< 3 +37 =45 lasai




Sai Iam: Nhiéu doc gia
khong xét truong hop
r <0 nén cho réng B
dung.

Sai Iam: Nhiéu doc gia
nghi rang & C c6 tré rat
gon cin dua vé dang can
suy ra, tuy nhién, do
phuong trinh ban dau ta
6 thé€ 18y can bac 12 boi
ban than hai véla binh
phuong luén hén hon
bang 0, chtt khong phai a,
b 16n hon 0.

Voi phwong dan A: Day la phuwong an dang boi : 2016*.2016".2016° =2016"" .
Do x, y, z ¢6 tong khong d6i nén 2016™7** khong doi.

V6i phirong dn B: Néu dat y =xrthl z=xr*( v6i r=0). Khi d6

Véi r>0 thi logy =logxr=logx+logr

log z =log xr* =log x + 21log r thoa man la cdp s cong, tuy nhién véi r <0 thi
khong théa man, boi khi do6 log khong ton tai. Vay B sai. Chon B.

Cau 14: Pap an D.

Phan tich: D& ham s xac dinh thi c6 diéu kién:

1. Diéu kién d€ can thiic ton tai, tiec 1a biéu thikc trong can 16n hon hodc bang 0.
2. biéu kién d€ ham phan thirc ton tai, tiec 1a da thire dudi mau khac 0.

Loi giai:

< x>10.

x#10

X 10
. o e L. L let=e" 20 >10
PDé ham s6 da cho xac dinh thi: { = {x
e’ —e" #0

Cau 15: Dap an A.
Ta Ian lugt di xét tiing phuong an: V6i diéu kién tat ca cac biéu thiic logarit ton
tai thi:

b>0;b#1,a>0
; ? ={a=+b (Do a,b>0
a

Voi phuong dn A: Ta c6 3=log, a < {

nén co thé suy ra duoc).

V6i phirong dn B: Ta thdy b= Ya nhung ¢ day khong co diéu kién d€ a>0;6>0
nén khong 1ay can hai v€ duoc.

V6i phwrong dn C: Ta c6 thé 18y can bac 12 cta hai vé thi ta sé c6 Na®* =R/b° (Tuy
nhién khong c6 diéu kién d€ a>0;b >0 d€ rut gon can nén C khong suy ra
duwoc.

Vi phuwong dn D, ta cling khong thé ¢ diéu kién a>0;b>0.

Nhan xét: Day la mot cau hoéi hay, hoc sinh dé bi chon sai.

Cau 16: Dap an B.

O day ta c6 thé chon ludn B boi didu kién d€ logarit ton tai la xy >0, tic xy
cung dau. Ma diéu kién dé€ tach log, xy =log, x +log, v 1a x,y>0. Do vay B
khong du diéu kién d€ suy ra.

Vi cac phuong an con lai:

Voi A: Do VP la ham m ludn 16n hon 0, do d6 ta cé thé 1ay logarit co s6 2 ctia
hai v€ va suy ra duoc pt < log, x=10-1log, y < log, x +1og, y =10

Voi C: Thi < 3(log2 x +log, y) =30<log, x +log, y=10 .

D tuwong tu A.

Cau17: Pap an A

Day la bai toan tim nguyén ham, ta c6 F (x) = I(BX In3+7x° )dx =x"+3" +C.
Cau 18: Pap an D.

Phdn tich: Véi bai toan dang tim sd nghiém ctia phuong trinh nay, ta khong
nhat thié€t phai giai phwong trinh ra, sau day t6i ¢ 1oi giai:

Loi giai: Phuong trinh da cho twong dwong voi:



log, x +1log, x +log, x +log, x —log, x —log, x —log, x —log, x=0

Dat VTzf(x). Khi d6 ta xét ham s& yzf(x) trén (0;+oo). Khi d6 ta cé
. 1( 1 1 1 1 1 1 1 1

fl(x)== —

x{In2 In4 In6 In8 In3 In5 In7 In9

J>0 véimoi x>0.

Do vay ham sd y = f(x) dong bién trén (O; +oo) . Vay phuong trinh f(x) =0 co
nhiéu nhat mot nghiém trén (0; +oo) .Chon D.

Cau 19: Pap an C

Néu cham chi lam cac dé ma toi da giai chi tiét gan day thi quy doc gia co thé
chon ludn dap an bai nay, boi né gidng voi dé So Hung Yén va dé Lam Son
Thanh Hoa.

Loi gidi: Ta c6 log,, 1350 =log,, (30.3%.5) =log,, 30 +log,, 3 +10gs, 5
=1+2log,, 3+log, 5=2a+b+1

Cau 20: Pap an B.

Ta thay ¢ budc 3: (3.2X )X =l (3.2X)X = (3.2X )0 . Thiéu treong hop co s8 bang 1

Cau 21: Pap an D.

Phdn tich: Dé bai tuy kha la dai, tuy nhién day thuc chat chi 1a bai toan giai
phuong trinh ma.

Ta thay 65,21% vao sau d6 tim ¢.

t _t
Loi gidi: Ta c6 100.(0,5)7% =65,21 < 0.57* =0,6521 < % =log, 0,6521

< t=5750.10g, , 0,6521 ~ 3547 nam.

Cau 22: Pap an A

Phén tich: Day thuc chat 1a bai toan kiém tra kién thirc vé tich phan timng phan.
Ta ¢ mét dinh nghia vé tich phan timg phan nhu da Note 6 bén

b
Loi gidgi: O day bi€u thie 0 VT ludn khong d6i1a [ f(x)g'(x)dx, mét khdc ta c6
b
g'(x)dx = d(g(x)) . Vay VT tro thanh: If(x)d(g(x)) Ap dung dinh nghia vé
tich phan tig phéan ¢ trén cho u= f(x); v= g(x) tacod

J ()= () )] [ ) ).

Cau 23: Dap an A.

Ta cd bai toan goc sau:

. dx
Bai todn géc: Chiing minh j :ln‘x+\/x2 +a‘+c(aeR)
Vx? +a

2
Dit t=x+Vx’ +a:>dt:(1+ijdx®dt:x+— Y A
2x* +a X’ +a

tdx dt dx
<& — =

N +a t X’ +a

<dt=

Dinh nghia: Cho ham
U,V la cdc ham s6 caa x
c6 dao ham lién tuc trén
doan. Khi d6

;Tudv =uv :—jvdu

Ghinhé: Véi (aeR)ta
co:
dx
[ +a
= In‘x+m‘+c




Ghi nhé:

(tanx)' =tan’x+1

Ghi nh¢: Khi tinh tich
phan, luén xét xem
f(x) 16n hon 0 hay nho

hon 0 d€ xét dau.

Vay khi d6 J' ax =I%=ln|t|+c=ln‘x+\/x2 +a‘+c ( diéu phai chiing

Nx? +a

minh).
Khi d6 ap dung cong thitc vira chitng minh ta c6
F(x)z_[ 1 alx=ln‘x+\/1+x2 +c=1r1(x+\/1+x2 )+c.
1+ 2
Cau 24: Dap an B
Ta c6 biéu thirc cua cuong d6 dong dién tai thoi diém ¢ phu thudc vao thoi gian

1a biéu thitc dao ham ctia biéu thizc dién lwon chay qua tiét dién thang ctia day,
hay néi cach khac

tZ
Dién luong chay qua tiét dién S trong thoi gian tir £, dén ¢, 1a Ag=[idt.

Vay Aq = JQamcos(mt)dt =Q, sin (oat) g =Q, sin(6oa)(C).

Cau 25: Dap an B

Phin tich: ta thdy tan® x + tan x = tan’ x(l +tan’ x) . Mat khéc ta c6

b
(tan x)' = =tan” x + 1. Do vay bai todn trd thanh dang jf(u).u'dx

COos™ x

tan’ x(l +tan® x)dx

O — |3

Loi gidi: Tacd I = i(tanz X + tan* x)dx =
0

ct—w|a

T 3
tan? xd(tanx) =%tan3 x|3 :1[(tan§j —(tan0)3]=\/§ )
0

Cau 26: Dap an C.
Ta giai bai toan nhu dang tich phan ting phan:
Loi gidi:
1
Dit u—lnx:du—;dx
vdv=dx=v=x

e

Khi d6 I=x.Inx e—jx.ldxz(x.lnx—x)
1 4 x

e

iz(x(lnx—l)) .

Cau 27: Dap an D.

Phén tich: Day 1a bai toan tinh dién tich hinh phang dwa vé tich phan thong
thuong, tuy nhién, mdi don vi dai trén cac truc toa do6 1a 2 cm do dé, sau khi
tinh xong ta sé nhan két qua vdi 4, do don vi dién tich la cm® .

Loi gidi: Xét phuong trinh hoanh d9 giao di€ém x° =0 <> x=0.

Trén [—1; 0:' thi y=x’ <0, con trén [0;2] thi y =x° >0, nén dién tich hinh
phéng trén truc toa d6 néu tinh theo don vi dai trén truc toa do la :

0 N 142 1 17

x| ==+4=—(don vidai).
-1 4 |0 4 4

[ 3 ° 3 _1 4
Szj.—x dx+£x dxzzx

3
Daéi vé don vi cm?® ta duoc S = 17(cm2 )

Cau 28: Pap an D.



Ta cé

T=C_C° +1C1 +...+LC".Nh€m thay cac so 1;1;1;...;L thay doi ta nghi
20" n+l " 123 n+1
. 1
ngay dén biéu thtc | x"dx=——x"" +¢.
gay I n+1

O day ta sé c6 10i giai nhw sau:
, n
Tac6 (1+x) =C) +xC) +x°C2 +x°C] +...+x"Cll.

1

Khi d6 ta suy ra I(l +x)" dx= j(CS +xC, +x°C2 +x°C) +...+x"C" )dx

0 0
n 1 2 3 n+l 1
@L(x+1) B e i o o
n+1 0 " 2 " 3" n+1 " |0
n+1_
2 1=C0+1C1+1C2+...+LC”.Dé’ndéytachonD.
n+1 2t 3 n+l "

Cau 29: Pap an C

Loi gidi: Ta c6 z,.z, =(1-i)(3+2i)=3+2i —3i —2i* =3+2-i=5-i
Vay s6 phtic z,.z, c6 phan thyc 1a 5 va phan ao la -1.

Loi gigi: Ta co:

Cau 30: Pap an A
:|1+i—3—2i|=|—2—z‘|:./(—2)2 +(-1)" =+5.
Cau31l: Pap an C

Loi gidi: Do M, N Tan lwot 1a diém biéu dién s6 phtic z,;z, nén
M(l; —1),N(3; 2) . Khi d6 toa d¢ diém G la trong tdm ctia tam gidc OMN c6 toa

2 =2,

do G(%; %J . Vay G la diém biéu dién cta s phtc z = % +%i.

Cau 32: Dap an D.
Loi gidi: Dat z=x+yi(x,y €R), nén pt < (x—yi)(1-i)+3+2i=0
Sx—ix—yi+yi’ +3+2i=0 <:>(x—y+3)+i(—x—y+2)=0
re ok

- x-y+3=0 - 2

-x-y+2=0 _d
772
Cau 33: Pap an C
Vi bai toan nay, cach nhanh nhat 1a st dung may tinh nhu sau:
AnMODE| - [5: EQN| — chon 4

Sau d6 nhap hé s6 may hién nhu sau:
= Math¥ ' )| Math &

A= Ha=

_1 45,
1 = =z 1
O] Math Wik
A=
1. 45 .
=t= 1



Loi gidi thong thuong: 23=1<:>(z—1)(zz+z+1):0<:> x=?+?i )
-1 43,
T2 2

Cau 34: Pap an D.
Loi gidi: Dat z=x+yi (x,y €R).Khi d6 phwong trinh dé bai trd thanh:

|x =4+ yi|+|x + 4+yi|=10 <:>\/(x—4)2 + i +\/(x+4)2 +y* =10
Dén day, ta nhé dén cac bat dang thikc vecto nhur note & bén.

B Vay dat ;tz(x—4;y),5=(x+4,y).Khi do ap dung bdt |H|+|;|2‘ﬁ+\7‘ ta co:
Nhé: Cho 2 vecto u va

v.Khi dé \/(x—4)2 + 1 +\/(x+4)2 +y° z\/(zxf +(2y)2

|u| +|V| = ‘u+v‘ <1022\ +y* < |z| <5.Vay GTLN ctia m6 dun s8 phtc z 1a 5.
Déiu bing xay ra khit, v V6i GTNN, ap dung bat dang thirc Bunyakovski ta co:

cung huéng.

2
(1.\/(x—4)2 + 1 +1.\/(x+4)2 +y2] s(12 +12)((x—4)2 + 1 +(x+4)2 +y2)
=10<2(x* +y* +16) < 2" +3” 29= x>+ 23. Vay GTNN ctia m dun s§

phttc z 1a 3.

Cau 35: Dap an A.

Nhan xét: Mot hinh ¢ day la n giac thi sé co6 n canh bén va n mat bén va 1 mat
ddy. Vay hinh choép c6 tong la 2.1998 canh ttxc 1a ¢6 1999 mait.

Cau 36: Dap an B.

Cong thirc tinh thé tich ctia khéi tru tron xoay la V =R’ h=n

Cau 37: Dap an C.

Ta c6 cong thirc ti 1€ thé tich trong tit dién duoc note 6 bén. Do vay ¢ day:

Nhé: Cho it dién S.ABC, Voape _SA'SB'SC' 111 _1

Ve ase SA'SB'SC 234 24°
luot ndm trén cac doan Mit khac nhu ¢ cac dé trudce toi da gidi thiéu thi thé tich ctia khéi chop S.ABC
SA, SB, SC. Khi d¢ ta c6 1 1

Vsawe _ SA' SB' SC' c6 SA, SB, SC d6i mot vudng gocla V.- 6.SA.SB.SC=3.9.8.4=48.

V... SA SB' SC
o 2 48
Dén day tasuyra S, .. =1

va cac diém A’, B’, C’ lan

=2.

Cau 38: Dap an B
Hinh l&ng tru tam giac déu khéc véi hinh lang tru c¢6 day 1a tam giac déu & chd:

Nhé: Dién tich tam gidc 1. Hinh lang try tam gidc déu la hinh ling tru ding c6 day la tam giac déu.
déu c6 canh a la 2. Hinh ling tru c6 day la tam giac déu chura chic d4 1a hinh ling tru déng.
a3 Ta c6 cong thirc tinh thé tich khoéi lang tru tam gidc déu la
4 1 u\/_ \/_

ENEE .a” i . Ma tat ca cac canh bang nhau do doé ta c6

Vzﬁ.tf :2:>a:
4 4
Cau 39: Dap an A.

Ta c6 hinh vé:




Nhin vao hinh vé ta thdy néu di tinh tryec ti€p thé tich khoi t& dién ACD'B’ la
kha 1au, do d6 ta sé di tim mdt cach gian ti€p nhu sau:

. D : afel
Loi gidi: N €
Ta co VACD'B' = VABCD.A'B'C'D' - VD'ADC - VB'ACB - VCB'C'D' - VAA'B'D' .
v , A ~ 1 1 1
Mit khac tanhéan thay V- =V, =Veren =Viipp = 3 a.E.S anco =7 a AN .
1 a
Dovay V, . =a’—4.-a’ =—.
Y Vacos 6 3

Cau 40: Pap an D.

Ki hiéu nhw hinh vé ta dat SO'=x.

Do khéi chép tit gidc déu c6 tat ca cac canh bang nhau va bang a nén ta c6
SA=SB=SC=SD=AB=BC=CD=DA=a.Hinh vuong ABCD c6 2 duong
chéo AC=BD=a2 . Tam giac SOA vuong tai O nén

SO=+SA*> - AO* =

Ap dung dinh ly Thales ta co:

SO' SA' A'D' «x N2
=20 =X 5 AD=AD.2—x\2
SO SA AD a a
2 Nhé: Khi viéc tinh thé tich
L 1 2 2 5 , 1 . , ctia khéi dé bai yéu cau qua
Khi d6 Vg, ey =§-x-(x\/5) =3 % - Matkhac Vo, pep =2 Viusep - 40d0tacO g dé thiét Iap cong thic,
ta nén chuyén hudng sang
6 3
2x3=1.1.L.az:>x=£a.V.€1yS . .=x2=£a2. cach lam gian ti€p.
37 232 2 Aren 4

Cau 41: Pap an B
O day ta c6 kién thiec sau: Trong Chuong trinh THPT chiing ta hoc:
Chi c6 5 loai khoi da dién déu. D6 1a loai {3; 3}, loai {4; 3}, loai {3; 4}, loai
{5; 3} va loai {3; 5} .
Chuing dwoc gidi thiéu trong cac hinh dwdi day:
Khoi tt dién Khéi lap phuong Khéi bat dién déu

(5P

Khoi mwoi hai mat déu Khdi hai muwoi mat déu

7

<
’i\



Chu y: Khi nhan chia hai
vé& ctia bat phuong trinh
phai xét ddu ctia biéu
thite nhan vao.

Nh¢: Cho tir dién S.ABC
cO cac canh SA, SB, SC do6i
mot vuong goc thi

Viupe = % SASB.SC

SABC

Do vay A, C dung. Tiép theo vdi D, ta thay D dung vi day la mot trong hai diéu
kién dé xac dinh khoi da dién. Do d6 ta chon B.

Cau 42: Dap an B.

Do mat cau tiép xtc véi mdt day ctia hinh tru tai A, B va ti€p xtic voi mat xung
quanh ctia hinh tru nén hinh tru c6 chéu cao h = AB va ban kinh day bang ban
kinh khéi cau. Mat khac 4nR* =16m=> R=2. Vay thé tich cua khéi tru la:
V=Bh=n2°4=16m.

Cau 43: Dap an B.

1<m<1
2

Ta 6 cos(;t,z;) _ v 3+log, 5.lclgi3 +log 2.4
[} [l

nén ta di tim diéu kién d€ t s6 duwong.

Mat khac 3+log, 5.log, 3+4log, 2>0< 4log, 2>-4

. Do mau s6 ludn 16n hon 0

<log 2>-1<log, 2 >logml
m

Vo6i 0<m<1 thi ®l>2®m<%. Két hop vdi diéu kién suy ra 0<m<%.
m

Véi m>1 thi ®l<2<:>m>%. Két hop diéu kién suy ra m>1.
m

Cau 44: Dap an C.

Nhan thdy U= (1; —1;2) .Ta c6 us =—2u do d6 ta chon C.

Cau 45: Dap an D.

Mait cau (S) duong kinh AB nén mat cau (S) cotam [ (1; 0; —2) la trung diém

ctia AB vaban kinh R=1A= \/(1 ~1) +(1-0) +(0-(-2)) =5
Vay (S):(x—l)2 +y° +(z+2)2 =5.
Cau 46: Dap an D.

Vi u,0 1a hai vtpt ctia hai mit phang song song nén hai vecto nay cling

phuong. Do vay %: =>m=3.

7—2m
Cau 47: Dap an B.
Ta nhan thay khi chi€éu M 1én cac truc toa d¢ thi t dién OABC la t& dién ¢
OA, OB, OC, OD ddi mot vudng goc.Ap dung cong thikc tdi trinh bay & trén ta
co: V= 1 .OA.OB.OB = 1|abc| .

6 6

Cau 48: Dap an A.

Ta c6 hinh vé sau:

Goi H la hinh chiéu ctia M trén mét phang (o). Khi d6 khoang cach tir M dén
mit phang (o) 1a MH. Ta c6 tam gide MHO vudng tai H nén HM<MO . D&
MH max thi H=0, hay OM J_(oc). Khi @6 (oc) qua O(O; 0;0) va co vtpt
ﬁ:@:(m;—l) c6 phuong trinh x+2y—z=0.

Cau 49: Dap an B.



Tacé M(1+51-£2t). Tacd AM? =(t+1) +(-1-t) +(2t+2) =6
t=0=M(1;1;0)

t=—2=M(-1;3;,-4)

Cau 50: Dap an A.

Phin tich: ta c6 néu hai mit phang ti¢p dién ctia (S) tai A va B vudng goc véi

S62+12t=0<

nhau thi hai vtpt ctia hai mat phang nay cing vudng géc véi nhau. Ma hai vtpt
ctia hai mit phing nay chinh 1 IA, IB. Vi 1(1;0;-2) la tim cta mt cau (S).
Vay ta c6 hai diéu kién sau:

1.d cit (S) tai hai diém phan biét.

2. IAIB=0.

Loi gidi: D& thda man yéu cau dé bai thi truede tién d phai cat mat cau, tic 1a
phuong trinh (2—#)" + £ +(m+t)" ~2.(2~ )+ 4.(m+t)+1=0 c6 hai nghiém
phan biét.

<3t +2(m+1)t+m’ +4m+1=0

Phuong trinh c6 hai nghiém phan biét khi A'>0 < (m + 1)2 —-3m*> -12m-3>0
<m’ +5m+1<0.

Véi phueong trinh c6 hai nghiém phan biét, 4p dung dinh li Viet ta c6

_m’ +4m+1

tt St

172

L= (m 1)

Khi dé [A=(1—t;t;m+2+t),IB=(1—t,;t,;m+2+1,).
Vay ﬁl.@z(l—tl)(l—tz)wltz +(m+2+t1)(m+2+t2)=0

=3ty +(m+1)(f +,)+(m+2) +1=0

<:>m2+4m+1—§(m+1)2+(m+2)2+1=0 N Z:i (TM).



Giai chi tiét tap chi Toan hoc & Tudi tré (Thang 11/2016 — Thang 02/2017)

& @ho di con hanh phiic hon nhan vé

Mot hom, mt sinh vién tré c6 dip di dao vdi gido sw ciia minh. Vi gido sw nay van
thwong dwoc cic sinh vién goi than mdt bﬁng tén “ngueoi ban cia sinh vién” vi sy thin
thién va tot bung cua 6ng doi voi hoc tro.

Trén dwong di, hai nguoi bt gip mot doi giay cii nam gitea dwong. Ho cho rang dé
la d6i giay cuia mot nong din ngheo lam viéc & mot canh dong gin bén, cd lé ong ta dang
chudn bi két thiic ngay lam viéc ciia minh.

Cdu sinh vién quay sang néi voi vi gido sw: “Chung ta hay thir tréu choc nguwoi nong
ddn xem sao. Em sé gidu giay cua 6ng ta roi thdy tro minh cung tron vao sau nhitng bui
cdy kia dé’ xem thai d§ ong ta khi khong tim thdy doi giay thé nao nhé!”.

Vi gido sw ngan lai: “Nay, anh ban tré, chiing ta dirng bao gio dem nhitng nguroi
ngheo ra dé’tréu choc, mua vui cho ban than. Em la mot sinh vién kha Qid, em co thé tim
cho minh mgt niém vui l6n hon nhiéu nho vao nguoi ndng dan nay day. Em hay dat mot
dong tién vao moi chiéc giay ciia dng ta va chd xem phdn 1ng ong ta ra sao”.

Cdu sinh vién lam nhw 10i vi gido sw chi dan, sau d6 cd hai cimg tron vio sau bui cdy
gan doé.

Ching may choc nguoi nong din da xong viéc va biang qua cinh dong dén noi dit
Qiay va do khodc ctia minh. Nguwoi nong din vira mdc do khodc viea x6 chin vao mgt chiéc
giay thi cam thdy cé vat gi cieng cirng bén trong, ong ta cuii xudng xem dé la vt gi va
tim thay mot dong tién.

Sw kinh ngac bang hoang hién 16 trén guong mdt ong. Ong ta chim chii nhin dong
tién, 14t hai mt dong tién qua lgi va ngdm nhin thit kij. Roi ng nhin khip xung quanh
nhung ching thiy ai.

Liic bay gio 6ng bo dong tién vao tiii, va tiép tuc xo chidn vao chiéc giay con lgi. Sy
ngac nhién cua 6ng dwong nhw dwoc nhin lén gip boi, khi ong tim thdy dong tién thir
hai bén trong chiéc giay.

Voi cam xiic tran ngdp trong long, nguwoi ndng din qui xuong, nguéc mdt 1én troi va
doc to 10i cdm ta chdn thanh ciia minh. Ong bay to sw cdm tg doi véi ban tay vd hinh
nhwng hao phong da dem lgi mot mon qua ding liic civu givip gia dinh 6ng khoi canh
ting quan, nguoi vy bénh tit khong ai cham séc va dan con dang thiéu dn.

Cdu sinh vién ling nguoi di vi xiic dong, nwéc mat gian giua. Vi gido sw 1én tiéng:
“Bdy gio em co cam thdy vui hon liic triedc néu nhw em dem ong ta ra lam tro dia
khong?”.

Ngueoi thanh nién tra loi: “Gido sw dd day cho em mot bai hoc ma em sé khong bao
gi0 quén. Dén by gio em madi hiéu dwoc y nghia thit sw cia cdu néi ma truée diy em
khong hiéu: ‘Cho di con hanh phiic hon nhin vé’”.

Trong cudc song, doi khi chiing ta cam thdy bdt cong, cho di qud nhiéu ma
nhan lai chofng bao nhiéu. Thuc ra khong phai, c6 moét thit ma ta da nhdn dugc
con ding gid hon thé, dé 1a niém vui v6 hinh khong thé' ndo cham duoc.

(Nguon: Sweu tiam)



